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CHU DE 1: PHEP NHAN CAC PATHUC
BAI 1. DPON THUC

I. TOM TAT LY THUYET
1. Pon thirc

Pon thire 13 biéu thire dai sd chi gém mdt sd hodc mot bién, hodc cod dang tich cua
nhiing sb va bién.

Vi du: Cdc biéu thirc 2: X;3y2;—%ab; ... la cdc don thirc

Cdc biéu thirc x+2;a—b;x? \/y; ... khong phai la cdc don thuc
2. Don thire thu gon, bac cia mot don thirc

+ DPon thirc thu gon 1a don thire chi gém mét sb, hodc co dang tich cia mot s6 v6i
nhiing bién, mdi bién chi xuat hién mot 1an va da duge nang lén Iy thtra véi s6 mil
nguyén duong.

+ Trong mot don thirc thu gon, phﬁn s6 duge goi la hé s0, phﬁn con lai duoc goi
1a phan bién. Khi viét mot don thirc thu gon, ta thuong viét hé sb trude, phan bién
sau; cac bién duoc viét theo thir ty trong bang chit cai.

+ V61 cac don thire chua 1a don thire thu gon, ta c6 thé thu gon ching béng cach
ap dung cac tinh chat ctia phép nhan va phép nang lén lity thira. Tir day, khi ndi dén
mét don thic, ta hiéu ré“mg don thuc d6 da dugc thu gon.

+ Béc ctia mot don thirc voi hé sb khac 0 1a tong sb mii cta cac bién trong don
thirc do.

Chu y: Mai s khéc 0 1a mét don thirc thu gon bac 0 . S60 cling dugc coi la mot
don thtc va 1a don thuc khong c6 béc.

Véi cac don thiic c6 hé s6 1a +1 hodc -1 ta khong viét s6 1 .

3. Pon thirc dong dang

+ Hai don thirc dong dang 13 hai don thirc voi hé s6 khac 0 va c6 phan bién giong
nhau.

+ Hai don thirc ddng dang thi c6 cung bac.

+ Mubdn cong (hoic trir) cac don thirc dong dang, ta cong (hodc trir) cac hé sd voi
nhau va giit nguyén phan bién.

II. BAI TAP VA CAC DANG TOAN
Dang 1. Nhan dién don thirc
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Phwong phdp gidi: Chi cac biéu thirc bao gdbm mot sb hodc mot bién, hoidc c6 dang

tich cua cac so va cac bién mai la don thire.

1A. Trong cic biéu thirc sau, biéu thirc nao 1a don thic?
Xy;—4;—1yz;(X+1)y;(1+«/§)xz;5;1y2;2x\/§
2 2 X
1B. Trong céac biéu thirc sau, biéu thirc nao 1a don thirc ?
3 xy 1
3, 2% = x*(1+y);(4+3)xy; = - = xyz; I xy*
i (L y )i (44 3) %y i S xvzixy

Dang 2. Thu gon don thirc va x4c dinh hé s§, phén bién ciia don thirc

Phwong phdp gidi: Dé thu gon don thirc, ta 4p dung céc tinh chat cia phép nhan
va phép nang 1én lily thira theo cac budc:

Budc 1. Nhan tat ca cac thira s6 13 sb trong don thirc v6i nhau.

Budc 2. Viét tat ca cac bién trong don thirc dudi dang lity thira c6 bac cao nhat,
mdi bién chi xuat hién mot lan.

2A. Thu gon céc don thirc sau:

a) A=16xy°%.2x*.3y’". b) B:—%xzy.2xy3.

1 3 8
c) C==x%y.(=2)xy°. d) D=—=x°y*.xy%. = x?y°.
) C=2xy.(=2)xy ) 2 XY Xy

2B. Thu gon cac don thire sau :
2 9

a) A=4xy’.(=2)x*y*. b) B=—=xy’>.=x%yz.(—xz?).
) y:.(-2)x’y ) S vz
c) C=-5xy.11xy’ x’y°. d) D :—%xsy“.(—z)xyzzﬁyz.

3A. Cho cac don thuc :
_ 2on_ 4 o~ 1 3. _ 5
A= 4xy.x ’B_EXyZ’C_ZX y.(-2)x ,D—(2+\/3)xy .

a) Li¢t ké cac don thurc thu gon trong cac don thirc da cho va thu gon cac don thirc
con lai.

b) V&1 moi don thire nhan dugce, hay cho biét hé s6 va phan bién cta no.

3B. Cho cic don thire: E =3x°y.yz;F =(2.2,5+3) yzz.% V;

G :—émx“y; H :(ﬁ—l)xy
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a) Li¢t ké cac don thurc thu gon trong cac don thirc da cho va thu gon cac don thirc
con lai.
b) Vi mdi don thirc nhan duge, hiy cho biét hé sd va phan bién cua no.

4A. Thu gon 1di tinh gi tri cia mdi don thirc sau :

a) A:—gxyz.gﬁ‘ vol x=1va y=-2;

b) B :lxyz.(—§ yx* voi x=2 va y=-1.
3 4
4B. Thu gon rdi tinh gié tri cia mdi don thuc sau:

a) M :15x2y3.[—gjxy2 vGi x=3 va y=1;

b) N =—2x3.3—5;xy.y4 VoI X=—2 va y=3.

Dang 3. Tim bac cua don thire

Phuwong phap giai: Pé tim bac cua don thire ta thye hién theo cic budc sau:

Buée 1. Thu gon don thire (néu don thirc chua duge thu gon).

Buéc 2. Tinh bac ctia don thitc bang cach cong tong tat ca cac s6 mii clia cac bién.
5A. Thu gon cac don thire sau. V&i mdi don thirc thu duoc, cho biét hé s6, phan bién
va bac cua no.

a) A:—gxzy.ny3.l yzZ, b) lexgy.(—Z)x3y5.3y23.

5 4 4
5B. Thu gon céc don thtrc sau. Vi mdi don thirc thu duoc, cho biét hé s, phén bién
va bac cua no.

a) A=—§x2y5z3.gx3y2: b) B=-5x°yz.7x°2*.(-2) y*(-2)’

6A. Cho céc don thirc: A= % x’y;B =3xy;C =5yz°.

a) Thu gon don thic D=AB.C

b) Xéc dinh hé sb, phan bién va bac ciia don thic D.
6B. Cho cac don thtrc: A=-5xy;B =11xy’*;C =5x°yz°.

a) Thu gon don thuc D=AB.C

b) Xéc dinh hé sb, phan bién va bac ciia don thic D.

7A. Tinh tich cua cac don thirc sau va xac dinh bac ctia don thirc thu duoc:
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13 \ 423 4 ‘222
a) =X’y va ——Xxy’; b) 5xy® va —=x°y°z;
)2 y 3 XY ) 5xy = XY

6 s .10, ; 2, ox O 3
C) ——Vyz°va —Xy°z; d) 18xz°y va —xy°.
) =Y g XY ) y va oxy

7B. Tinh tich cua cac don thirc sau va xac dinh bac ctia don thirc thu duoc:
a) 2xy’ va 3xz°; b) 3x*yz va gxyzzs;

2

C) %yzxz va 12zyx ; d) 4xy’z® va —gx“y :

Dang 4. Tim tong hodic hiéu cia cac don thirc dong dang

Phwong phdp gidi: Dé tinh tong (hodc hiéu) ciia cac don thirc dong dang, ta can
thuc hién theo cac budc:

Buée 1. Xac dinh va nhom cac don thirc dong dang véi nhau thanh cac nhom.

Burée 2. Cong (hodc trir) cac hé sé cia cac don thirc dong dang va giit nguyén phan
bién.

8A. Tinh tong ciia cac don thirc sau:

a) 2xy; 5xy va —3xy; b) 4x3yz;§x3yz va —3x°yz;
c) %xyzzg;—xyzz9 va gxyzzg; d) —12x°y*z%;46x°y*z®  va
~16x°y*z°.

8B. Tinh tong cua cac don thirc sau:
a) 3x°y*z%;—x*y*z® va 7x°y*z?; b) 5x°y?; —25x°y® va —-12x°y?;
C) %ySZt;—ZySZt va gySZt; d) 8x°z%;23x°2° va 12x°7°.
9A. Thu gon céc biéu thuc sau:
a) A=7xy" —2x°y" +4x°y’;
b) B=33xy'z° + 21x’y'z® — 48x%y'z%;

c) C =§x“yz2 —3x*yz? +%x4yzz;

1 5
d) D=2xy* — = xy* — = xy*.
) i A
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9B. Thu gon cac biéu thirc sau:

a) M =17x’y + 29x°y — 36X’y ; b) N =§x2y2 +§x2y2 +§x2y2 —gxzyz;
c) P=4x%y? +§x3y2 —%x3y2; dQ =—%x2y3z3 +§X2y323 - 21x%y°7°.
BAI 2. PATHUC
I. TOM TAT LY THUYET
1. Pa thikc

+ Pa thirc 13 téng cua nhitng don thirc; mdi don thirc trong tong goi 1a mot hang
tu cua da thuc do.

+ Moi don thirc cling dugc coi 1a mdt da thuec.

Vi du: Biéu thirc x* +2x° + X?y —6xy —7 la mot da thire. Cdc hang tir cuia da thirc
nay la x*;2x%; x*y;—6xy;—7.
2. Da thirc thu gon

+ Pa thie thu gon 1a da thirc khong c6 hai hang tir ndo déng dang.

+ V6i cac da thic c6 nhitng hang tir dong dang ta déu c6 thé thu gon chung (thu
gon mot da thire 1 tim da thtc thu gon bang da thic di cho - Xem Dang 2).
3. Bac cua da thuc

+ Bac cua mdt da thirc 1a bac cuia hang tir c6 bac cao nhét trong dang thu gon cua
da thtrc do.

+ Khi tim bac ctia mot da thie, trude hét ta phai rat gon da thire do.

Chii y: Mdi s6 khac 0 1a mot da thic bac 0. S6 0 ciing duogc coi 1a mot da thire va
la da thirc khong c6 bac xac dinh.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Nhan dién da thire

Phirong phdp giai: Chi cac biéu thirc 1a tong (hiéu) cua cac don thirc méi 1a da
thirc.

1A. Trong céc biéu thirc sau, biéu thirc nao 1a da thirc?
2 1 2 2 X 1 2 2
X —4;—§y Xy +4y+3;2022;x—§;—y +L‘2x\/§+x .
X
1B. Trong céc biéu thic sau, biéu thirc nao 1a da thic?

3 Xy 1
32 —z+2:— —x*:x?’y—-3y5z:2021: =L ———— - [xy*.
7X y=<¥ 2 Bx’4x-2 Vxy
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2A. Xac dinh hé sb va bac cua tung hang tr trong da thurc sau:

a) 4x2y—§xy2+5xy—x; b) —4xyz+gx4y—y522+2022.
2B. X4c dinh hé sd va bac caa tung hang tir trong da thurc sau:
a) 15x2y3—27x4—%xy22—522; b) x3—2x2y+§xy2—y4.

Dang 2. Thu gon da thirc

Phuwong phdp gidi: Nhom cac don thirc ddng dang va thuc hién cac phép cong, trir
don thirc dong dang trong tirmg nhom.
3A. Thu gon céc da thuce sau:

a) A:2x2+x—%x2+5x; b) B=5y+%y3—§y+2y3~

3B. Thu gon cac da thtrc sau:
a) A=2X" —3x+X +5x—X*; b) B=3y* +y*+y—2y*+2y.
4A. Thu gon da thtrc sau:

a) A:5x2y—3xy+%x2y—xy+5xy;

1 1 1
b) B==x’y+xy> —xy + =Xy’ —5xy — =x%y;
) 3 XY XXy Xy -5y — Xy
c) C=2x>—2xy +x* +5xy — x> —x°.

4B. Thu gon da thirc sau:
a) M =y? —2y+%y2 +7y—4y?;

2

1 1 1
b) N = xy? — Xy += X2y —5xy — = X2y + = Xy?;
) Y XY+ XY —BXY —OXTy + Xy

c) P=7x’y —3xy +2x°y — Xy + 5xy — 3X.
Dang 3. Tim bac cua da thirc

Phwong phap giai: Dé tim bc cua da thic ta cin thuc hién theo cac bude sau:

Buéc 1. Thu gon da thire. Néu da thie d3 dugc thu gon thi ta chuyén sang Budc
2;

Buoc 2. Xéac dinh bac cua cac hang tir va chon gia tri 16n nhét. Gia tri 16n nhit d6
chinh 1a bac cua da thuec.

5A. Tim bac cua da thic sau:
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a) —3X° — x> +2x* +3+3x"; b) 5x'y —6x7y” +x° —y°;

c) Xyl +x' +yt —xy; d) x®+2x—5xy +3x* —x°.
5B. Tim bac cua da thirc sau:
a) y*+4y* -3y -x’y; b) x* +x?y? —4xy® +3xy;
c) xyz® +3x° —xy® —2x° +7; d) y*+y’ —y*+x%y.
6A. Thu gon va tim bac cua da thtc:
a) A=X?y+4X-Xy —3XZ+ X*y —2Xy +3XZ ;
b) B=4x’y+6x’y* —10x*y + xy —6x°y’;
c) C=12xyz -3x° + y* +2x°;
d) D =4x%y —2xy? +%x2y—x+2x2y+2xy2 —%x—zey.
6B. Thu gon va tim bac cua da thuc:
a) M =3x’y? +2x°y — xy + 4xy — 3x°y ;
b) N=x’y—2X°y +X—y+2y +3x— X’y ;
c) P=5xy—xy’ +y—7x>+2xy’ —3xy;
d) Q=4x*-2x°y’z+7x’y —x* = x’y’z.
Dang 4. Tinh gia tri cia da thirc
Phwong phdp gidi: Dé tinh gia tri cua da thtrc, ta thuc hién cac bude nhu sau:
Buorc 1. Thu gon da thuec. Néu da thtrc d3 duoc thu gon thi ta lam luén Budc 2;

Buorc 2. Thay gia tri da cho ctia cac bién vao da thtrc da thu gon roi thue hién phép
tinh.

7A. Cho da thic A= 6x2y+§xy2 + X%y —gxy2 :
a) Thu gon da thic A va xac dinh bac cua da thtc;

b) Tinh gia tri cua A tai x:—%, y=14.

7B. Cho da thitc B =-2xy? +%x3y— x—%x3y 3y + 4.

a) Thu gon da thic B va xac dinh bac cua da thirc;
b) Tinh gi4 tri cia B tai X=Ly=2.

8A. Cho da thirc M =3x* —2X+ X* +1+2X . Thu gon va tinh gia tri cia M tai x=1.
g g
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8B. Cho da thitc N =2y°®-3y?+1-y®+5y?—2. Thu gon va tinh gia tri cia N tai

y=2.

BAI 3. PHEP CONG VA PHEP TRU PA THUC
I. TOM TAT LY THUYET
1. Phép cOng va phép trir da thirc
- Cong (hay trtr) hai da thure tue 1a thu gon da thirc nhan dugce sau khi ndi hai da thirc
da cho boi dau "+" (hay du "-").
- Phép cong da thirc c6 cac tinh chat twong ty phép cong céc so:
+ Tinh chét giao hoan: A+B=B+A;
+ Tinh chit két hop: (A+B)+C=A+(B+C)=A+B+C;

2. Cac budc thuc hién phép cong va phép trir da thire
Pé cong (hay trir) hai da thirc, ta thuc hién cac budc sau:
+ Buée 1. Viét hai da thirc trong dau ngodc va néi ching véi nhau boi phép "+" (hodc
phep “-7).
+ Buéc 2. Thuc hién bo dau ngoic theo quy tic: Khi bé ddu ngodc c6 dau "-" dung
trudc, ta phai doi diu tat ca cac hang tir trong diu ngodc: ddu "-" thanh dau "+" va
dau " + " thanh dau " - ". Khi bo ddu ngodc c6 dau "+" dtng trudc thi dau cac hang
tir trong ngodc van gilt nguyén.
- Buée 3. Nhom cac hang tir ddng dang va thu gon da thirc.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Thuc hién cfng trir da thirc
Phirong phdp gidi: Thyc hién phép cong (trir) hai hay nhiéu da thic theo cac bude
néu trén.
1A. Cho hai da thtc A=7xy®—6xy* +5x°’y—-1 va B=-x’y—7x’y’+5-xy*. Tinh
A+B va A-B.
1B. Cho hai da thitc P =2x> —4x’y +xy’ —y* +1va Q=-2x>-x’y—y*-3.Tinh P+Q
va P-Q.
2A. Cho cac da thirc A=x* -2y —y?+3x—1 va B=2x*+3y’ -5x+3. Tinh:

a) A+B; b) A-B; c) —A+B; d)
-B-A.
2B. Cho cé4c da thitc M =5x°y +5x—y* +x* -3 va N = xyz —4x* +5y°> —4x*y +5x —12
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a) M+N; b) M—-N; c) -M+N; d)
~M —N.

3A. Cho céac da thirc A=4x*-5xy+3y*; B =3x*+2xy+y’; C=—x*+3xy+2y>. Tinh:
a) A+B+C; b) A-B+C.
3B. Cho cac da thirc A=x*+5xy+10y°’; B=7x*—xy+2* va C=y>+2z* —4xy. Tinh:
a) A-B+C; b) C-A-B.
4A. Cho hai da thirc M =3x* +2xy+2y° — x> va N =x>—y> —2x*.
a) Tim da thtc P=M +N va Q=M —N;
b) Tinh gia tri cia cac da thitc P va Q tai x=5va y=4.
4B. Cho hai da thitc M =xy —3x’y* +x* =5y va N =x*—5y® —2x%y* —xy.
a) Tim da thtc P=M +N va Q=M —N;
b) Tinh gia tri ciia cac da thtrc P va Q tai x=-1 va y=-1.
Dang 2. Tim da thirc chwra biét
Phuwong phap giai:
- Pé tim da thirc chua biét khi biét tong va da thirc con lai, ta 1ay da thirc tong trir di
da thirc da biét.
- Bé tim da thirc bi trir khi biét da thic trir va da thic hiéu, ta 1y da thic hiéu cong
véi da thuc tru.
- Pé tim da thurc trir khi biét da thuc bi trir va da thire hiéu, ta 1ay da thire bi trir trir
di da thure hiu.
5A. Tim da thirc M biét M +3x2 —4+5x = x* —4X..
6B. Tim da thrc N biét N —14y* +6y° —3=—-12y° + y* —1.
6A. Tim da thirc P va Q biét:
a) P+x*—2y* =x*—y*+3xy* -1;
b) Q—(5Y* —xyz)=xy+2y* —3xyz +4.
6B. Tim da thic M va N biét :
a) M +5x° —2xy =6x" +9xy —y*;
b) N—(6X° —4xy)=7x" —8xy+y*.
7A. Tim A biét :
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a) 3ab—b’a—A=ab+b’a-3;

b) A+x*+3x+1=3x*—x+3.
7B. Tim B biét:
a) 2ab®+5b° —B=b’—ab’ +3;
b) B+xy+y° +3x® =5xy —7y° +3x°.
8A. Cho hai da  thic M =3x°yz +4xy°z — xyz* + x*y’z° +3 va
N = x*y?z° + 2xyz* — 2xy*z + X°yz .
a) Tim da thitc P sao cho M+P=N;
b) Tim da thirc Q sao cho M -Q=N;
c¢) Tim da thitc R sao cho R—M =N.
8B. Cho hai da thirc M = x®y +2y%z —5xz° + 6xyz +15 va N =3xyz + x’y +4y°z+xz2°.
a) Tim da thitc P sao cho M+P=N;
b) Tim da thirc Q sao cho M -Q=N;
¢) Tim da thitc R sao cho R—M =N.

BAI 4. PHEP NHAN PA THU'C
I. TOM TAT LY THUYET
1. Nhan don thire véi da thire
- Mudn nhéan hai don thtrc, ta nhan hai hé sb véi nhau va nhan phén bién v6i nhau.
- Mudn nhan mét don thirc véi mot da thire, ta nhan don thte vai tung hang tir ctia
da thirc r6i cong céc tich lai v&i nhau.
A.(B +C) =AB+AC
2. Nhan da thire véi da thire
- Bé nhan mét da thirc véi mot da thire, ta nhan mdi hang tr cua da thirc nay véi ting
hang tir ciia da thire kia roi cong cac tich lai véi nhau.
(A+B).(C+D)=AC+AD+BC+B.D

- Phép nhan da thirc ¢ cac tinh chat twong tu phép nhéan cac so:

+ Tinh chat giao hoan: AB=B.A;

+ Tinh chat két hop: (AB).C=A.(B.C)=ABC;

+ Tinh chit phan phéi ddi v6i phép cong: A(B+C)=AB+AC.

II. BAI TAP VA CAC DANG TOAN
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Dang 1. Nhan hai don thirc

Phuwong phdp gidi: Dé thyc hién phép nhan hai hay nhiéu don thirc, ta nhan cc hé

sO0 v&1 nhau va nhan cac phan bién véi nhau.

1A. Nhan hai don thuc :
a) —3x°y va —2xy; b) 8xy® va —4y°z°;
2 2 2 2,3 1 4 \ 4
c) 3xy° va gxyz; d)Exzva —5xy”.
1B. Nhan hai don thtrc:
a) —xy® va 12xyz*; b) —%xzy va 2xy’;
3 \ 1 2 3 )\ 3 2
c)4xyva—5yz; d)—5xyzvagy.
2A. Nhan hai don thirc sau va xac dinh hé s6, phan bién va bac cta don thirc thu
duoc.
a) 2x° va —gyz; b) %yz va —5xyz®;

c) —2x" va —%y3z.

2B. Nhan hai don thtrc sau va xac dinh hé sb, phan bién va bac cua don thtc thu

duoc.
a) 1xy2 va —§xy2'
4 g~
b) —-11y’z® va —4x’yz;
3 15
C) —xy*z? va ——=y’x.
)10 y =

Dang 2. Nhan don thire voi da thire
Phuwong phdp gidi: Dé thuc hién phép nhan mot don thirc véi mot da thic, ta nhan
don thirc véi tirng hang tir ciia da thire roi cong cac tich lai véi nhau.

3A. Tim tich cta don thirc va da thurc:
a) X (5x3—x—§j- b) (3xy—x*+Y) EXZyZ‘
. 2 3 :

o) 8xy".(2x* +3y° - 2); d) (-2x°y).(-3x+4xy* - y?).

3B. Tim tich cua don thuc va da thuec :
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1 2
a) 4x2y.(3x3+xy2—ZyJ; b) (2x3—3xy+y).§x2yz;
o) (-5x°y*).(2xy +y* - yz); d) (3xz+4xy* +2°)(-2xy).
4A. Rut gon biéu thuc:

a) X(x—y)+y(x-y);
b) X*(3x—2y+ y2)+3y(x2+4x+5)—12xy(xy+1);
o) x°(2x+3y)—4y(x* +3x)+12xy.
4B. Rut gon biéu thirc:
a) X(2x* =3) = x* (5x+1)+X’;
b) 3x(y—2)-5x(1-x)—-8y(x+Y);
c) %xz(6y—3)—x(xy+%yj+(x—2)y.
5A. Tinh gid tri ctia bicu thirc sau:
a) P:5x(x2—3)+x2(7—5x)—7x2 vai x=-3;
b) Q=x* (X’ —y*)+y* (X' +y?) voi x=2,y=-2.
5B. Tinh gia tri cia biéu thirc sau:
a) P=2x"(x* - 2x+2)-x*(x-1) véi x=2;
b) Q=2x*(y+2)—-5x(y* +2)+3xy(y—x) véi x=3y=-2.

Dang 3. Nhan da thire véi da thire

Phwong phdp gidi: Dé thuc hién phép nhan mot da thirc v6i mot da thirc, ta nhan mdi
hang tir cua da thirc ndy véi timg hang tir ca da thirc kia r0i cong cac tich lai véi
nhau.

6A. Thuc hién phép tinh:
a) (2x—1)(3%" —7x+5);

b) (x+ y)(?;x3 —2xy +7) +12xy (X* + X — y);
c) (2y2 —62)(%y+ zj+6yz(y+2).

6B. Thuc hién phép tinh:
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a) (X* —3x+9)(x+2);

b) x(xy—2)+y(xy+2)—4xy(x+Y);

o) (y+3z)(y* —3yz+92°)-97°.

7A. Ritt gon da thirc:

a) (2x-1)(3x+2)(3-x); b) (x—2)° —(x—3)* +(x+4)>.
7B. Rit gon da thirc:

a) (2y-3)(y+7)(5-Y); b) (2y+1)*-4y(y+6)+(3-vY)’.

8A. Tim gia tri cua x thoa man: (x+1)(2—x)—(3x+5)(x+2)=-4x"+1.
8B. Tim gid tri ciia y thoa méan: (3y +1)(2y-3)—-6y(y+2)=16.
Dang 4. Chirng minh gia tri ciia biéu thirc khong phu thudc vao gia tri ciia bién
9A. Rt gon biéu thirc sau dé thay gi tri ciia né khong phu thudc vao gia tri ctia bién:
a) A=(5x—2)(x+1)—(x—3)(5x+1)-17(x+3);
b) B=(6x—-5)(x+8)—(3x—1)(2x+3)-9(4x—-3).
9B. Rut gon biéu thirc sau dé thy gid tri ciia n6 khong phu thudc vao gia tri ctia bién:
a) C=(5y+7)(y+4)—(2y+3)(2y—-2)—(y+25)y;
b) D=(3y-7)(2y+5)—(y+3)(6y+11)+4(7y+2).
Dang 5. Chirng minh ding thirc
Phwong phap giai:
Cach 1. Bién d6i Vé trai (VT )= Vé phai (VP).
Cach 2. Bién d6i Vé phai (VP)= Vétrai (VT).
Cach 3. Bién d6i ca VT ,VP cung bang mét biéu thirc thu gon.
Céch 4. Chtrng minh VT -VP =0 suyra VT =VP.
10A. Chirng minh dang thtc:
a) x(y—z)-y(x+z)+z(x—y)=-2yz;
b) (X—y—2)?=x*+y*+2° —2xXy +2yz - 2xZ .
10B. Ching minh dang thirc
a) X(1-y)+x(x* =1)=x(x* - y); b) (x=1)(x* +x+1)=x"-1.
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BAI 5. PHEP CHIA PA THUC CHO PON THUC

I. TOM TAT LY THUYET
1. Chia don thirc cho don thirc

- Don thitc A chia hét cho don thitc B(B#0) khi mdi bién ciia B déu 14 bién cua
A v6i s6 mil khong 16n hon s6 mii ciia nd trong A.
Vidu:
Pon thire A=T7x%y*z chia hét cho don thirc B =—3xy? vi mdi bién ciia B (bién X va
y) déu la bién ciia A, va sé mii cia bién X, y trong B khong I6n hon s6 mii ciia
cung bién dé trong A.
Pon thire A=7xy*z khéng chia hét cho don thire C = xy* vi s6 mii ciia bién y trong
C 16n hon s6 mii ciia bién y trong A.
- Muén chia don thitc A cho don thitc B (trudng hop chia hét), ta lam nhu sau:
+ Chia hé s6 cta don thirc A cho hé s6 cua don thiic B;
+ Chia Ity thira cta timg bién trong A cho liiy thira ctia cung bién d6 trong B
+ Nhan céc két qua tim duoc v6i nhau.
2. Chia da thirc cho don thirc
- Pathiac A chia hét cho don thitc B néu moi hang t&r cia A déu chia hét cho B.
- Mubn chia da thire A cho don thitc B (truong hop chia hét), ta chia tirng hang ttr
ciia A cho B rdi cong cac két qua véi nhau.
I1. BAI TAP VA CAC DANG TOAN
Dang 1. Chia don thirc cho don thire
Phwong phdp giai: Dé thyc hién phép chia don thic cho don thirc, ta thuc hién theo
cac budc sau:
Bude 1. Chia hé s6 ctia don thurc bi chia cho hé sb cua don thic chia;
Buéc 2. Chia lily thira cta timg bién trong don thire bi chia cho lity thira cta cing
bién d6 trong don thic chia roi nhan cac két qua tim duoc v6i nhau.
1A. Thuc hi¢n phép tinh chia:
a) xX°:x%; b) 24y°:6y°;

c) 8x°y°z° :(—2x4y5); d) 2—\'__)7x6y7z7 :9x°z".

1B. Thuc hién phép tinh chia:
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a) y*1y*; b) 18x°:(-3x*);

c) 65x°y° :13x"y*; d) %xg‘yzz6 :%xg‘.

2A. Khong thyc hién phép tinh chia, hiy nhan xét don thirc A c6 chia hét cho don
thirc B hay khong?

a) A=15x’y* va B=5x"y®; b) A=£x5y524 va B=-5x"y’;

c) A=3x"y va B=2yz.

2B. Khong thyc hién phép tinh chia, hiy nhan xét don thirc A c6 chia hét cho don
thirc B hay khong?

a) A:4X6y626 Vé B:X4y223; b) A:_%X12y4z3 Vé B:_SXSySZ;

c) A=3x"y’z va B=-3y’z’.
3A. Cho hai don thirc A=18x"y" va B =-6x"y*. Tim diéu kién cia n dé don thuc
A chia hét cho don thiic B.
3B. Cho hai don thirc A=-12x°y*" va B =2x"y*. Tim diéu kién ciia n dé don thuc
A chia hét cho don thiic B.
Dang 2. Chia da thurc cho don thire
Phwong phdp gidi: Dé thuc hién phép chia mot da thirc cho mot don thirc, ta chia
mdi hang tir cua da thirc cho don thire 16i cong cac két qua lai voi nhau.

4A. Thyc hién phép chia:

a) (6.8 ~5.8°+8°):8°; b) (5.9°+3-2.3):3.
4B. Thyc hién phép chia:
a) (125 -9.5° +625):5; b) (3.8° +4*-27):2°.
5A. Thyc hién phép chia:
a) (X +12x* - 7x°) 1, b) (9y —4xy® +5x°y*z):(-y*);

o) (15x°y'z* —8x°y°z° + 3x'y°2° ) : 2xy°z.
5B. Thyc hién phép chia :
a) (5x4 +27%° —11x5) x4

b) (18x%y° —7x°y° —4x*y°z):(-2y°);
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o) (12x°y*2* —6x°y°z° —3x°yz®): (—xyz).

6A. a) Tim s6 tu nhién n dé da thac A=—-13x""y*z" + 4x°z*? chia hét cho don thirc
B=x"z%;

b) Véi gia tri n vura tim duoc, hay thuc hién phép chia A:B.
6B. a) Tim s tu nhién n dé da thuc A=20x"y*" —10x*y*" + 7x°y® chia hét cho don
thirc B = x""y®;

b) V&i gia tri n vura tim duogc, hdy thuc hién phép chia A:B.
Dang 3. Tim da thirc chwa biét khi biét don thirc va tich hoic thwong ciia chiing
Phuwong phap giai:
+ Pé tim da thirc chua biét khi biét don thirc va tich cua chung, ta 1y da thirc tich
chia cho don thirc da biét.

+ Pé tim da thirc chua biét khi biét don thirc va thuong cua chung, ta liy da thic
thuong nhan voi don thirc da biét.

7A. Tim da thirc M biét rang:
a) M [; x3j =12x'y? +4x’y - 8x%; b) M :(—2xy2):3xy+5x2y—7x
7B. Tim da thic N biét rang:

a) N.(—4x2y) =27x°y? +15x*y* —18x’y*; b) N :(—%ﬁyj =4x° +8x%y* —16y°.

ON TAP CHUONG I

1A. Trong céc biéu thirc sau, biéu thirc nao 1a don thirc, biéu thirc nio 14 da thirc?

2 4
XY —dix—1+ ixyz - ax 4 by x4 Sy +§; .
» 57 277 202322 +3

1B. Trong céc biéu thirc sau, biéu thirc nao 1a don thirc, biéu thirc nao 1a da thirc?

X*+y+37° -100x2y17° y’® 'xy'l
) 1\/5_1! 1X

2A. Thu gon don thirc rdi xac dinh hé sd, phan bién va bac cua don thirc thu dugc:

a’+2ab® —c;xy’ - x’z;

a) 3xy3.(—2x2y23); b) —4x°yz.3xy*z%; c) (—%xyzj.(% xyzj.

2B. Thu gon don thirc 1di xac dinh hé s6, phan bién va bac ctia don thirc thu duoc:
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a) —2xy2.%x3y4; b) (%xys).(gxzzsj;

c) (~7a%*).3abc*.
3A. Tinh tong cac don thirc: 25xy?;3xy?; —15xy?.
3B. Tinh tong cac don thirc: —13xyz*;4xyz*; 7xyz®.
4A. Thu gon céc da thuce sau:

a) 4x’y —3x°y +3x°y — X’y ;

b) 25xy°® —xy® +7xy’;

c) 4x’y +6x°y? —10x°y + 4x%y?;

d) 5x%yz +8xyz® —3x*yz — xyz® + x*yz + xyz°.
4B. Thu gon cac da thirc sau:

a) 3x2y—%xy +1—3x2y+%xy+6x2y;

b) 4xy?z® + 21xy*z* —11xy*z?
c) 5x°yz° +8xy’z — 3x*yz® + 4xy’z ;
d) —lx2 +2xy—31x2 +6xy —yZ+X°.
3 3
5A. Cho biéu thuc (x2 —2Xy + 2y2)(x2 + y2)+ 2x%y —3x%y* + 2xy°
a) Rut gon biéu thic di cho;
b) Tinh gi4 tri cita bidu thirc véi x = —%; y= —% .
5B. Cho biéu thire (X*+ Xy +xy* +y°)(x+y) - 2y —3x’y* — 2xy° :
a) Rut gon biéu thuc da cho;
b) Tinh gi4 tri cua biéu thirc voi x=-1y=-1.
6A. Tim x biét:
a) —2x(x+3)+x(2x-1)=10;

b) (%xj(g?x+%j—(3x2+x+2)=3;
c) (2x+3)(x+4)+(x-5)(x-2)=(3x-5)(x-4).

6B. Tim x biét:
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a) 3x(x—5)—x(3x—-7)=16;
b) —2x2+3x+6+£§xj(14?x+21j=9;

) (x+1)(4x+3)+(x+2)(x+3)=(5x—1)(x—1)+28.

7A. Cho céc da thuec:
P =3x"y —2x+5xy* —7y* vaQ =3xy’ -7y’ —9x’y — x—b5.
Tim da thic M sao cho:
a) M-P+Q=0; b) M-P-Q=0.
7B. Cho cac da thtc:
A=2x>—4x%y +1% xy? —y* +1vaB=-2x° —1%x2y —y*-3.
Tim da thuec C sao cho:
a) C—A+B=0; b) M—A-B=0
8A. Chirng minh gié tri ctia cac biéu thirc sau khong phu thudc vio gié tri cia x :
a) (x—l)(x2 + x+1)—(x+1)(x2 = x+1);
b) (8x—5)(2x+11)—(2x+3)(3x+7).
8B. Chung minh gia tri ctia cac biéu thirc sau khong phu thudc vao gia tri ciia x :
a) (x2 —1)(x2 +1)—(x +1)(x3 — x>+ x—l);
b) (x+5)(2x—3)—(2x+1)(x+3).
9A. Tim don thic A biét rang 84x*y®: A=14x?y°.
9B. Tim don thirc B biét rang 15x°y*: B =5x"y .
10A. Tim céc gia tri nguyén cia n dé hai don thirc A=5x>y*"" va B =-2x>"y* dong
thoi chia hét cho don thirc C =x"y".
10B. Tim céc gia tri nguyén ctia n dé hai don thre A=12x*"y*** va B =3x’y’ dong
thoi chia hét cho don thue C =3x°y*.
11A. Tinh gié tri cta biéu thic:
a) A= (15x5y3 —~10x°y* + 20x4y4) :5X°y voi x=Ly=-2;
b) B= (4x“y2 +3x'y? —6x3y2) ; (—xzyz) Vol X=y=-2.
11B. Tinh gia tri ctia biéu thirc:
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a) C=(-2¢y* +4xy—6xy°): Xy vOi X=2;y=-2;

b) D=(%x2y5—§x5y2j:(§x2y2j voi x=y=1.

CHU PE 2: MOT SO HANG PANG THUC PANG NHO
BAI 1. HIEU HAI BINH PHUONG.
BINH PHUONG CUA MOQT TONG HAY MOQT HIEU

I. TOM TAT LY THUYET

1. Hing ding thirc: Néu hai biéu thic (dai s6) A va B ludn cung nhan mot gia tri
v6i moi gia tri ctia bién thi ta néi A=B 1a mot dong nhét thie hay 1a mot hang dang
thtrc.

Vidu: (x+y)+(x—y)=2x (1) (x+y)—(x=y)=x-y (2)
Trong vi du trén (1) 1a hang dang thirc, (2) khong phai hang dang thuc.

2. Mt s6 hiang ding thirc quan trong

2.1. Hiéu hai binh phuong: A’ -B* =(A—-B)(A+B).

2.2. Binh phuong cua mot tong: (A+ B)? = A> + 2AB + B?.

2.3. Binh phuong cuia mot hiéu: (A—B)* = A> —2AB + B®.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Hoan thanh céc hiang dang thirc

Phwong phdp gidi: Bién dbi cac biéu thirc vé dang hing ding thirc da biét

1A. Viét cac da thirc sau thanh tich:

a) X’ —4y°; b) 9x* —4; c) X' —y*.
1B. Viét cac da thirc sau thanh tich:

a) 9x* —7%; b) 16 —x*; c) (X+2)° —y>.
2A. Khai trién:

a) (2x+1)%; b) (3x-2)?; c) (5x+2y)°.
2B. Khai trién:

a) (3x+4)%; b) (10-3x)?; c) (4x-3y)*.

3A. Viét cac da thic sau thanh binh phuong cia mdt téng hay mot hi¢u:
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a) X*+4x+4; b) x*+6xy +9y?; c) zz—z+%.

3B. Viét cac da thtrc sau thanh binh phuong ctia mét tong hay mot hiéu:
a) 4x* +4x+1; b) 9x* —6x+1; c) zz+z+%.

4A. Pién biéu thirc vao chd ... dé dugc cac hang dang thuc:
a) X>—y>=(x-y)(...); b) X* +6xy+9y° =(X+..)%;
c) (z-5)=2"—...+...; d) (x+..)" =x>+10x+....
4B. Pién biéu thirc vao chd ... dé duoc cac hing dang thirc:
a) X" —(3y)* =(x+3y)(...); b) 2x+1)% =...+4X+...;
c) 9y* —6yz+12° =(..)%; d) (..—4)°=y*-8y+....
Dang 2. Tinh gia tri ciia biéu thirc, riit gon biéu thirc
Phuwong phap giai:
- Péi voi biéu thirc s6: Str dung cac hang dang thire di biét dé dwa phép tinh vé cac
phép tinh véi sb tron chuc, tron tram... dé dé dang hon trong viéc tinh toan
- P6i voi biéu thirc chtra bién: St dung cac hang ding thirc da biét cung véi cac phép

tinh: cong, trir, nhan cac da thuc dé rat gon biéu thirc.

S5A. Tinh nhanh:

a) 102° —98°; b) 103.97 ; c) 1001°; d) 999°
5B. Tinh nhanh:

a) 203° —-197%; b) 302.298 ; c) 201%; d) 198

6A. Tinh gia tri cia biéu thirc:
a) A=x"—4 tai x=102; b) B=x*+6x+9 tai x=997;
c) C=4x*—4xy+y® tai x=39;y=-2.

6B. Tinh gia tri cta biéu thirc:

a) A=(a—-b)(a+b) tai a=30;b=2;
) 1 .
b) B=x +X+Z tai Xx=39,5;

c) C=9x*—6xy+Yy’ tai x=16;y=-2.
7A. Rit gon cac biéu thirc:
a) (x+3)° —x*+5x-9; b) (x+4)* —(x—4)%;
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¢) X(x—5)+(x—5)" —2x* +15.

7B. Rut gon céc biéu thic:
a) X* —(x—1)* +8x; b) (2x—3)* +(2x+3)?;
c) (4—x)* +x(2x—-3)-16.

Dang 3. Cac dang khac

8A. Tim cac hang dang thiic trong cac dang thirc sau:

a) 2x—3=3x-2; b) x* —2x=x(x-2);

c) X =y =(x=y)(x+Y); d) x* —4xy +4y* = (x+2y)>.
8B. Tim céc hing dang thirc trong cac dang thirc sau:

a) 3Xx—4=2x+4; b) y*+3y=y(y+3);

c) X +y*=(X+y) —2xy; d) (2x—y)?* =4x* +4xy +y>.

9A. Tim X biét:

a) (X+5)° —(x—-5)*-2x+1=0;

b) (2x—-7)° —(x+3)* =3x* +6;

c) (3x+2)*—9(x—5)(x+5)=225-5x.
9B. Tim x biét:

a) (4x-1)*-4(2x-3)* —x-4=0;

b) X(x=5)—(4—x)* =7x+1;

c) (2x-6)(x+3)=2(x—3)*.

10A. Chiing minh cac bi€u thirc sau luon c6 gia tri dwong v&i moi gié tri cua bién:

a) M =x"+4x+10; b) N =5x*+10x+6;
c) P:%x4—x2+2; d) Q=3x"+2x*+1.

10B. Ching minh céc biéu thic sau luén c6 gia tri am voi moi gié tri cua bién:

a) D=-x*-2x-6; b) E=-2x*+4x-15;
c) F=—x*+4x*-6. c) G=—%X4—3X2—6.

11A. Ching minh rang véi moi sb tu nhién n, ta cé:
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(n+3)? —n? chia hét cho 3.

11B. Ching minh ring véi moi sé nguyén N, ta cé:

(n—5)? —n? chia hét cho 5 va khong chia hét cho 2.

BAI 2. LAP PHUONG CUA MQT TONG HAY MOT HIEU
I. TOM TAT LY THUYET
1. Lap phuong ctia mot tong: (A+B)® = A* +3A’B +3AB2 + B®.
2. Lap phuong cia mot hiéu: (A—B)* = A’ —~3A’B +3AB* - B®.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Hoan thanh cac hing dang thirc
Phwong phdp gidi: Bién ddi cac biéu thirc vé dang hang dang thuc da biét.
1A. Khai trién:

a) (2x+1)°%; b) (4-3x)°.
1B. Khai trién:
a) (2+3x)%; b) (x—2y)°.

2A. Viét cac da thire sau thanh 1ap phuong ctia mot tong hay mot hiéu:
a) X°+6x°+12x+8; b) 8x® —12x%y +6xy* — y°.

2B. Viét cac da thic sau thanh l4p phuong ctia mot tong hay mot hiéu:

a) y3+y2+%y+2—17 b) yg—%yzz+gyzz—z3.
3A. Pién biéu thirc vao chd ... dé dugc cac hang dang thuc:
a) (X+y)° =x>+3x°y+...+..; b) (x—-2)°=...—6x* +...—8;
c) (X+..)° =X +6X*+...+...; d) (..—y)P’=27-27y+...—....
3B. Pién biéu thirc vao chd ... dé duoc cac hing dang thirc:
a) (X+3)° =X +9x* +...+..; b) 2x-1)°=...-12x* +...—1;
c) (y+...)3=y3+...+%y+...; d) (..—22)°=1-62+...—....

Dang 2. Tinh gia tri ctia biéu thirc, rat gon biéu thirc
Phuwong phap giai:
- Pbi voi biéu thirc sé: Str dung cac hang dang thirc da biét, dwa phép tinh vé cac

phép tinh v&i s6 tron chuc, tron trim... dé d& dang hon trong viéc tinh toan.
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- Dbi voi biéu thirc chtra bién: St dung cac hang ding thirc d3 biét cung véi cac phép

tinh: cong, trir, nhan cac da thirc dé rat gon biéu thirc.
4A. Tinh gié tri cta biéu thic:

a) A=x>+6x"+12x+8 tai x=98;

b) B=x>-9x" +27x—27 tai x=203;

c) C=x>-3x"+3x-2 tai x=101;
4B. Tinh gia tri ctia biéu thirc:

a) A=8y’+36y° +54y+27 tai y:—g;
b) B=27y° -54y* +36y -8 tai yzé;
¢) C =x>+6x°+12x+10 tai x=98.

5A. Rut gon biéu thirc:
a) (x+1)° - x> +3x° +5; b) (x+2)°—(x-2)°;
c) —x>+2x* —(3—x)* - 27x+27.

5B. Rut gon biéu thic:
a) (x—2)°-x*-x*+8; b) (1-2x)° —(1+2x)%;
c) X’ +(2-x)° +6x* +12x.

Dang 3. Cac dang khac

6A. Tim x biét:
a) (x+1)°—(x-1°-6x*+2x=0; b) (2x-1)° —2x(2x+1)* =5x —20x°.

6B. Tim x biét:
a) (2—-x)°+(2+x)° -12x(x+1)=0; b) (x=3)° +x*(x+2)=2x"-7x*-9.

7A. Chimg minh céc biéu thirc sau c6 gia tri khéng phu thudc vao gia tri cia bién:
a) A=(x+2)°®—(x-2)° -12x* + 25;
b) B=(2x—-1)°+2(x+2)° —=10x(x—2)(x+2)—-70x.

7B. Ching minh céc biéu thirc sau co gia tri khong phu thudc vao gia tri cia bién:
a) C=x>+(x+1)°%-2x(x-1)° -7x* - x;
b) D=(x—-3)° —x(x-5)(x+5)+9x* —52x.

8A. Tim da thire f(x) biét f(x-1)=x*+3x+1.
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8B. Tim da thic g(x) biét g(x+2)=x"-3x+2.

BAI 3. TONG VA HIEU HAI LAP PHUONG
I. TOM TAT LY THUYET

1. Tong hai lap phuong: A’ +B°=(A+B)(A’ - AB+B?).
2. Hiéu hai lap phuong: A°-B®=(A-B)(A’+AB+B?).

II. BAI TAP VA CAC DANG TOAN

Dang 1. Hoan thanh cac hing ding thirc

Phwong phdp gidi: Bién d6i cac biéu thirc s6 vé dang hang dang thirc da biét.
1A. Viét cac da thirc sau thanh tich cua hai da thirc khac:

a) X°+8; b) 8y* -27.
1B. Viét cac da thirc sau thanh tich cua hai da thirc khac:

a) 8x° +1; b) 27x° —64y°.
2A. Tinh:

a) (x+3)(X* —3x+9); b) (4-3x)(9x* +12x +16).
2B. Tinh:

a) (1+ 2x)(1—2x+4x2); b) (2x—3)(4x2+6x+9).

3A. bién biéu thirc vao chd ... dé dugc cac hang dang thuc:
a) X+ = (L y) (X -

b) .28y’ =(x—..)(-..+...+4y").
3B. Pién biéu thirc vao chd ... dé duoc cac hang dang thirc:

a) (2x)°+..°=(...+y)(-..—2xy +...);

b) 2=y =( ) (9K ).
Dang 2. Tinh gia tri ctia biéu thirc, rat gon biéu thirc
Phwong phap giai:
- Pbi voi biéu thirc sé: Str dung cac hiang dang thirc da biét, dwa phép tinh vé cac
phép tinh véi sb tron chuc, tron tram... dé dé dang hon trong viéc tinh toan.
- D4i voi biéu thirc chtra bién: St dung cac hiang ding thirc d3 biét cung véi cac phép

tinh: cong, trir, nhan cac da thuc dé rat gon biéu thirc.
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4A. Tinh gi4 tri cta biéu thic:

a) A=(x+3)(X* —3x+9) tai x=10;b) B=(1-2x)(4x" +2x+1) tai x=50.
4B. Tinh gi4 tri ciia biéu thirc:

2) M =(3x+2)(9X° —6x+4) tai x=%;

b) N=(x-2y)(x* +2xy+4y’) tai x=5,y=15.
5A. Rut gon biéu thirc:
a) (X+1)(x* = x+1) = (x+3)(X* =3x+9);
b) (y+2)(y* —2y+4)+(5-y)(25+5y+Y°).
5B. Rut gon biéu thic:
a) (x+2)(X* —2x+4)—(1-3x)(1+3x+9x*);
b) (x+ y)(x2 — Xy + y2)+(2y—x)(x2 +2xy+4y2).
Dang 3. Cic dang khac
6A. Tim X biét:
a) (x+1)(x2—x+1)—x3+2x:0;
b) (x=5)(X* +5x+25) —(x+3)(x* —3x+9)=2-3x.
6B. Tim x biét:
a) X° —(x+2)(x* —2x+4)+3x=0;
b) (x—3)(x* +3x+9)—x(x—4)(x+4)=5x.
7A. Chitng minh céc biéu thirc sau c¢6 gia tri khong phu thudc vao gia tri ciia bién:
a) 1 =X°+27—(x+2)(x* —2x+4);
b) J =(1—3x)(1+3x+9x2)+27(x—1)(x2 +x+1).
7B. Chirng minh cic biéu thirc sau c6 gia tri khong phu thudc vao gia tri cta bién:
a) K =8x° +10—(2x+1)(4x* - 2x+1);

b) L=2(4-x)(X* +4x+16)+2(x+1)(x* —x+1).
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BAI 4. PHAN TIiCH PA THUC THANH NHAN TU

I. TOM TAT LY THUYET

1. Phan tich mot da thtrc thanh nhan tir (¢hira s6) 12 bién d6i da thire d6 thanh tich cua
cac da thie khac.

2. Cac phuong phap phan tich da thirc thanh nhan tu:
2.1. Phuong phap dat nhan tr chung.
2.2. Phuong phap sir dung hang dang thuc.
2.3. Phuong phap nhoém hang tr.
2.4. Cac phuong phap khac.
II. CAC PHUONG PHAP PHAN TiCH PA THUC THANH NHAN TU
PHUONG PHAP PAT NHAN TU CHUNG
A.BAI TAP VA CAC DANG TOAN
Dang 1. Phan tich da thirc thanh nhan ti
Phuwong phap giai:
- Néu tat ca cdc hang tir cia da thire ¢6 mét nhéan tir chung thi da thire d6 biéu dién
dwoc thanh mot tich cua nhdan twr chung do voi mot da thuc khac:

AB+AC+...=A(B+C+...).

- Nhan tr chung dwoc xdc dinh nhu sau:
+ Phdn hé sé thuong la UCLN ciia cdc hé sé(trong trwong hop hé sé la so nguyén).
+ Phan bién la cdc bién chung cé mdt trong tdt cd cdc hang tir véi s6 mii 16m nhdt.
1A. Phan tich c4c da thire sau thanh nhan tu:
a) 4x-12; b) x*—6x; c) 2y*-5y°; d)
3x°y —6xy°.
1B. Phan tich cac da thirc sau thanh nhan tur:
a) 2y—6; b) 5x* —10x°; c) 3x* —27x%; d)
—-8x°y —16xy°.
2A. Phan tich cac da thtrc sau thanh nhéan tu:
a) 2x(x—2)+3(x-2); b) —3(2x+1)+5x(2x+1);
c) 4x(7x-3)-5(3-7x); d) x(2x-y)+4(y—-2x).

2B. Phan tich cac da thirc sau thanh nhan tu:
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a) 2x(y—3)+5(y—3);

c) 2y(3y—-5)-9(5-3y);

b) y(3+4x)+2x(4x+3);

d) 2y(2x—-y)-6z(y—-2x).

ZALO: 0795.778.778

3A. Phéan tich cac da thirc sau thanh nhén tu:
a) 3x(x+4)+4y(x+4)+5(x+4);
b) 5x(2x+3)+6x+9;
c) 4x—16+3y(4—x).
3B. Phan tich céc da thure sau thanh nhan tu:
a) 12(y-3)+6y(y—-3)-9(3-v);
b) 20x(3x+7)+63+27x
c) 6y —54+y(18-2y).
Dang 2. Tim dai lwgng chwa biét
Phwong phap giai:
- Phén tich da thitc thanh nhdn tiv dé dwa dang thirc da cho vé dang: AB=0.
- Suy ra A=0 hodc B=0 réi bién déi dé tim x (hodc v,z......).
4A. Tim x biét:

a) X*—6x=0;

¢) x(x—5)+3(x-5)=0;
4B. Tim x biét:

a) 30x—15x*=0;

c) 3x(2x-1)+6(2x-1)=0;

5A. Tim cac sd nguyén x;y biét:

a) x(y—5)-6(y-5)=0;
5B. Tim céc sb nguyén x;y biét:

a) 2x(2y-14)-8(y-7)=0;

Dang 3. Tinh gia tri ctia biéu thirc

b) 2x° +10x* =0;
d) 2x(x—-8)-5(8—-x)=0.

b) —4x*-12x=0;
d) 15x(x—6)—45(6-x)=0.

b) 4y(x-3)-2x+6=0.

b) 15x(y+4)-60y—-240=0.

Phwong phdp gidi: Ding phirong phdp ddt nhdn tir chung dé dwa biéu thire vé dang

AB trong do A hodc B tron chuc, tron tram ,...hoac dé tinh todan hon.

6A. Tinh nhanh:
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a) 36.123+64.123; b) 12,5.155-12,5.55;

c) 6,3.124+63.7,6; d) 22.321+22.456+11.446.
6B. Tinh nhanh:

a) 234.82+18.234; b) 987.129-29.987;

c) 135.23,5+13,5.765; d) 136.24+24.445-12.162.

7A. Véi n 1a mot sé nguyén duong, cho biét :
1+2+3+4+...+(n—1)+n=@.
Ap dung dé tinh gia tri ctia biéu thirc A=3+6+9+12+...+333.
7B. Vé6i n 1a mot s6 nguyén duong, cho biét :
1+2+3+4+...+(n—1)+n=@.

Ap dung dé tinh gia tri ciia biéu thitc B=4+8+12+16+...+4444.

ON TAP CHUONG II

1A. Tinh nhanh:

a) 1032 —972;

b) 556 —553.559;

C) 4567 +456.88+44°.
1B. Tinh nhanh:

a) 202.198 ;

b) 662.668—665";

c) 678° —356.678+178.
2A. Tinh gia trj ctia biéu thirc:

a) A=4x* —4x+1tai x=5,5;

b) B=x>-6x>+12x—7 tai x=12;

c) C=8x>-12x*y +6xy* —y°® tai x=19;y=39.
2B. Tinh gi4 tri ciia biéu thirc:

a) A=y*-12y+36 tai y=16;

b) B=27x>+27x* +9x +11 tai x=%;

c) C=8y®-36y°z+54yz* - 277° tai y=50;z=33.
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3A. Rit gon biéu thic:
a) (2x—5)* —4x(x+3);

b) (x—2)°—6(x+4)(x—4)—(x=2)(X* +2x+4);

¢) (x=1)* =2(x—1)(x+2)+(x+2)*+5(2x-3).

3B. Rt gon biéu thic:
a) (2-3x)* —5x(x—4)+4(x-1);

b) (3—x)(X* +3x+9)+(x-3)°

0) (Xx—4)° (x+4)—(x—4)(x+4)* +3(x* ~16).

4A. Phan tich céac da thirc sau thanh nhan tu:
a) 5x—25;
c) 2y? -8x%;

4B. Phan tich cac da thuc sau thanh nhan tir:
a) 20—4y;
¢) 50x* —2z°%;

5A. Phan tich céc da thirc sau thanh nhan tu:
a) 4x(x—5)+6(x—-5);
c) 6x(x—4)*-12(4-x)?;

5B. Phan tich céc da thure sau thanh nhan tu:
a) X(3-4x)+5(3-4x);
) 27(x—2)° —3x(2-x)*;

6A. Phan tich cac da thirc sau thanh nhéan tu:
a) 2X* — Xy +2XZ — Yz ;
c) y* +10y —9z° + 25;

6B. Phan tich céc da thuc sau thanh nhan tu:
a) 5x° —10xz + Xy —2yz;
c) y*—-2*+12z-36;

7A. Tim x biét:
a) 6x° —72x=0;
¢) X(x=5)—(x—3)*=0;

b) 2x* —6X;
d) 3x* —6xy +3y°.

b) 3x® —12x%;
d) —8x* +8xy —2y*.

b) 10(2x-3)—-x(3-2x);

d) 8x(X* —y*)-4x* (x—y).

b) 2y(5y—-6)—4(6-5y);

d) By(x* —y?)-8y(x+Y).

b) X —x+2y—4y?.
d) (x+2y)° —x* +4y>.

b) 9x* —3x—y*+vy.
d) 2y*-8z° + (y - 2z2)°.

b) —2x* +16x=0;

d) (x—2)3—(x—2)(x2+2x+4):0
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7B. Tim x biét:

a) 10x* —2x>=0; b) 3x* -27x=0;

c) 2x(2x—-7)—(2x+5)*=0; d)

(2x—1)* -8x(x—3)(x+3)=-1
8. Tinh nhanh:
a) M =(100° +98 +...+4° +2°) - (101.99+99.97 +...+5.3+3.1);
b) N =(100° +98° +...+4° +2°)—(99° +97° + .. .+ 3 +1°).
9. Chirng minh cac dang thic:
a) (x+2y)° —(x—2y)° =4y(3x* +4y*);
b) (2x—y)(4x2+2xy+ yz)—(2x+ y)(4x2 —2xy+y2):—2y3;
) (x+Yy)* —(2x+2y)(x—-3y)+(x—3y)’ =16y?;
d) (x+y+2)°’—(x+y-2)"=4z(x+y);

10. Chirng minh gia tri cta cac biéu thirc sau khong phu thudc vao gia tri ctia bién:
a) A=(x+3)°—(x-3)°-18(x-1)(x+1);

b) B=(3x+2)*—(6x—4)(3x+2)+(3x—2)*;
©) C=(x +y) ~(x +y)(x* ~y)-2y(x’ +y):
d) D=(x+1)* - (x+2)* —(x+3)* + (x+4)°.

11. Phan tich cac da thirc sau thanh nhan tu:

a) 3x(x—7)+2xy —14y; b) 9(2x —5)* +15x —6X°;

) 6x° —12x+6; d) —20x* + 60xy — 45y?;

e) 2xy® —16x"; f) 3x* —48;

g) X> =2 +4xy +4y’; h) x* —z° +2xy — 62t + y* —9t°.
12. Phan tich cac da thirc sau thanh nhan tu:

a) X" —12x+20; b) 2x* —x-15;

¢) X* —x*+x-1; d) 2x° —5x—6;

e) 4y* +1; ) x"+x° +x%;

g) (x2+x)2—5(x2+x)+6; h) (x2+2x)2—2(x+1)2—1.

i) X*+4xy +4y® —4(x+2y)+3; j) X(x+1)(x+2)(x+3)-3.

QVAOTHI.C OM GIAO VIEN: TRUONG VAN DUNG

HOC VA THI ONLINE



<@ V2AO0THI.COM
&) HOC VA THI ONLINE ON TAP HE - TOAN 8
13. Tim x biét:
a) 4x° +7x=0; b) 48x—6x*=0;
c) (x=1)°—x(x-2)* =-1; d)
2(x—5)(x+5)+(x—6)"+14=0

e) X’ —x—2=0; f) 3x* +5x—-12=0

14. Tim X,y biét:
a) 4x* +y* -2y +1=0; b) 4x* +y* +4x-2y=-2;
c) x> +2y*+2xy—10y+25=0; d)

2X° +y® —2xy —2x— 4y =-13.
15. Tim céc s6 nguyén X,y biét:

a) X +y* -4y +3=0; b) x> +4y* —2x+12y+1=0.

CHU PE 3: TU GIAC
BAI 1. TU GIAC
I. TOM TAT LY THUYET
1. Tk giac ABCD 1a hinh gém bdn doan thang AB,BC,CD, DA trong d6 khong c6

hai doan thang ndo nam trén cing mot duong thang.

A

e
Trong t& gidc ABCD, cac diém A B,C,D 1a cac dinh; cic doan thing
AB,BC,CD, DA la cac canh.
2. T gidc 16i 1a tar giac ma hai dinh thuoc mot canh bat ki ludn ndm vé mot phia cua
duong thang di qua hai dinh con lai.
* Chu y: Khi n6i dén tir giac ma khong chu thich gi thém, ta hiéu d6 1a tir giac 16i.
3. Trong tr giac 16i ABCD), cac goc ABC,BCD,CDA va DAB goi 1a cac goc cua tir

gidc. Ki hiéu don gian lan luot 1a B,C,D, A.
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4. Trong tr giac ABCD :

- Hai dinh khong cung thuoc mét canh goi 1a hai dinh ddi nhau. Poan théng ndi hai
dinh d6i nhau 13 mot dudng chéo.

- Céc cap canh AB va CD; AD va BC la céc cap canh dbi.

- Cac cap goc A va C, cap goc B va D la cac cap goc doi.
A
B @ D
C

5. Pinh li: Tong cac gbc ciia mot tir gidc bang 360°.
II. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh s6 do géc

1A. Tinh céc goc chua biét cta cac tir gidc trong hinh dudi day:

M
A \
2
100° N
B 750 108°
120° ? B =
C D Q P
Hinh 1 Hinh 2

1B. Tinh cac goc chua biét cta cac tir giac trong hinh dudi day:

P
.
Q
s’
O
. R

K ")
Hinh 3 Hinh 4
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2A. Tinh cac goc chua biét cua tr gidc ABCD trong hinh duéi day, biét riang
C=D+46".

100°

—
B L

2B. Tinh cac goc chwa biét cua tr giac MNPQ trong hinh dudi déy, biét raing M =Q

M Q

120° 120°
N P

3A. Cho ttr giac ABCD biét A:B:C:D=4:3:2:1. Tinh s do cac gbc cua tir giac
ABCD.

3B. Cho tit giac ABCD biét g _B_C_ % . Tinh s6 do cac goc cua tir gidac ABCD

Dang 2. Tim méi lién hé giira cac canh, géc va dwong chéo ciia tir giac
4A. Cho ttr giac ABCD. Hai canh AD va BC cit nhau tai E, hai canh DC va AB
cat nhau tai F . Keé tia phan giac cua cac goc CED va BFC, céc tia phan giac nay

cit nhau tai | . Ching minh EIF = B; D .

4B. Cho tir giac ABCD c¢6 B+D=180" va CB=CD. Ching minh AC la tia phan
giac cua goc BAD.
5A. Cho tr gidc ABCD . Chirng minh:
a) Tong hai canh ddi nho hon téng hai duong chéo.
b) Tong hai duong chéo 16n hon nira chu vi va nhé hon chu vi tir giac.
5B. Cho tr gidc ABCD va diém M nam trong tir giac. Chirng minh:
a) MA+MB+MC+MD=>AB+CD.
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b) MA+MB+MC+MD2%.(AB+BC+CD+DA).

6. Tinh cac goc chua biét cua cac tir giac trong hinh dudi day:

M N
? 60°

100° 60°
Q P

Hinh 5 Hinh 6

7. Cho tur gidc ABCD c6 B+C =200"; B+ D =180"; C+ D =120".
a) Tinh s6 do céc goc cua tir giac ABCD.
b) Goi | 1a giao diém cua cac tia phan giac cta cac goc BAD va ABC cua tir giac.

Chting minh AIB = ¢ ; D .

BAI 2. HINH THANG CAN

I. TOM TAT LY THUYET
1. Hinh thang 14 t& gidc c6 hai canh d6i song A diynhe B

song.

O hinh bén 14 hinh thang ABCD(AB//CD).
canh b/ | dirome cao caut

Hai canh song song goi 1a hai déy, hai canh

con lai goi 1a hai canh bén cua hinh thang.

Puong vuong goc AH ké tir A dén CD goi D v 16m. C
la mot duong cao cua hinh thang ABCD.
2. Hinh thang cén 1a hinh thang c6 hai goc ké mot day bang nhau.

Trong hinh thang cin ABCD(AB//CD) : hai goc A B ké
day nho AB, A=B; hai goc C,D ké ddy nho CD,C=D. { A\
3. Cac tinh chét cua hinh thang can: / "
- Trong hinh thang can, hai canh bén bang nhau.
- Trong hinh thang can, hai duong chéo bang nhau. :
D
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4. Dau hiéu nhan biét hinh thang cAn: Néu mét hinh thang c6 hai dudong chéo bing

nhau thi hinh thang d6 1a hinh thang can.
II. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh s6 do géc, @0 dai canh va cic yéu t6 khac ciia hinh thang, hinh
thang can

1A. Cho hinh thang cAn ABCD(AB//CD) c¢6 A=2.C . Tinh so do cac gbc cua hinh
thang can ABCD.

1B. Cho hinh thang can ABCD(AB//CD) c¢6 A=3.D. Tinh s6 do cac goc cua hinh
thang can ABCD .

2A. Cho hinh thang can ABCD(AB//CD, AB <CD) c¢6 cac duong cao AH va BK.
Chung minh: DH = CD-AB .

2B. Cho hinh thang can ABCD(AB//CD) c6 A=B=60" va AB=8cm. K¢ cac
duong cao AH va BK cua hinh thang can ABCD. Biét CK = 2 cm. Tinh cac goc
con lai va d¢ dai day CD cua hinh thang can ABCD.

Dang 2. Chirng minh tir giac 1a hinh thang, hinh thang can

3A. T gidc ABCD c6 BC=CD va DB la tia phan giac cua D . Chiing minh tir gidc
ABCD 1a hinh thang.

3B. Cho tam gidc ABC vudng can tai A. V& phia ngoai tam giac ABC, dung tam
giac ACD vuong can tai D. Ttr gidc ABCD 1la hinh gi? Vi sao?

4A. Cho tam giac ABC cantai A c6 cac dudng trung tuyén BD va CE . Chirng minh
BDCE 1a hinh thang can.

4B. Cho tam giac ABC cantai A c6 cac duong cao BH va CK . Chirng minh BCHK
1a hinh thang can.

Dang 3. Chirng minh cac doan thing bing nhau, cic géc bing nhau dwa vao
hinh thang cin
5A. Cho hinh thang can ABCD(AB//CD, AB<CD). Goi O 1a giao diém cua AD
va BC; goi E 1a giao diém cua AC va BD. Chimg minh:

a) Tam gidc AOB cantai O;

b) ~AABD =aBAC;

c) EC=ED;

d) OE 1a dudng trung truc cta ca doan thang AB va doan thang CD.
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5B. Cho tam gidc ABC céntai A vadiém M tily y nim ¢ mién trong tam gidc ABC

. Ké tia Mx song song véi BC sao cho tia Mx cit canh AB & D. Ké tia My song

song voi AC sao cho My cit BC ¢ E. Ching minh: DME = 90° +§

6. Cho hinh thang ABCD(AB//CD) ¢6 A=3.D,B =C . Ching minh BC vudng goc
vo1 CD.
7. Cho hinh thang cAn ABCD (AB//CD) c6 day nhé AB bing canh bén BC . Ching

minh CA la tia phan gidc cua BCD.

BAI 3. HINH BINH HANH

I. TOM TAT LY THUYET
1. Hinh binh hanh 1a t& giac c¢6 cac canh ddi song song.
2. Tinh chét ciia hinh binh hanh:

Trong hinh binh hanh:

a) Cac canh ddi bang nhau;

b) Céc goc d6i bang nhau;

¢) Hai dudng chéo cit nhau tai trung diém cta mdi dudng.
3. Dau hi¢u nhan biét hinh binh hanh theo canh:

a) T gidc co cac canh dbi bang nhau 1a mot hinh binh hanh.

b) Tt gidc cb6 mot cip canh d6i song song va bang nhau 1a mot hinh binh hanh.
4. Dau hiéu nhan biét hinh binh hanh theo goc va dudng chéo:

a) Tt gidc co cac goc dbi bang nhau 1a mot hinh binh hanh.

b) Tt giac c6 hai duong chéo cit nhau tai trung diém ctia mdi dudng 1a mot hinh
binh hanh.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Sir dung tinh chit ciia hinh binh hanh dé chirng minh cac quan hé hinh
hoc
1A. Cho hinh binh hanh ABCD. Goi E la trung diém cua AD,F la trung diém cua
BC . Chiing minh: BE//DF va ABE =CDF .

1B. Cho hinh binh hanh ABCD c6 AB > BC . Tia phan giac clia gbc ADC cét canh
AB ¢ E, tia phan giac ctia goc ABC cit canh CD ¢ F . Chimg minh DE//BF va
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DE =BF.

Dang 2. Chung minh tir giac 1a hinh binh hanh
2A. Cho hinh binh hanh ABCD. Ha AH va CK vuong goc voi BD(H, K thugc BD
). Chirng minh tr gidc AHCK 1a hinh binh hanh.
2B. Cho hinh binh hanh ABCD. Goi O 1a giao diém cia AC va BD. Qua diém O
v& mot duong thang m cét cac duong thang AD,BC lan luot tai E,F . Qua diém O
v€ mot duong thrflng n cit cac canh AB,CD lan luot tai K,H . Chung minh EKFH
1a hinh binh hanh.
Dang 3. Chitng minh ba diém thing hang, ba duwong thing cung di qua mot
diém
3A. Cho hinh binh hanh ABCD c6 O la giao diém ciia hai dudng chéo. Trén canh
AB ldy diém K, trén canh CD lay diém | sao cho AK =CI . Chiing minh ba diém
K,O,| thang hang.
3B. Cho tam giac ABC va diém O nam ¢ mién trong cia tam giac. Goi D,E,F lan
luot 14 trung diém cua cac canh AB,BC,CA. Goi L,M,N lan luot 1a trung diém cua
cac doan thang OA,OB,OC . Chitng minh cac duong thang EL,FM va DN cung di
qua mot diém.
4. Cho hinh binh hanh ABCD. Goi K, 1 1an luot 14 trung diém cua cac canh AB,CD
.Goi M,N lan luot 12 giao diém ctia Al,CK vé6i duong chéo BD. Chirng minh:

a) AADM =aCBN;

b) MAC =NCA va IM //CN;

c) DM =MN =NB;

d) AC,BD, K dbng quy tai mot diém.
5. Cho tam giac ABC va mot diém E thudc canh AC. Qua diém E ké duong théng
song song véi BC cit AB tai F.Qua E ké dudng thing song song voi AB cit BC
tai D. Biét AE =BF . Ching minh:

a) Tam gidc AED can;

b) AD la tia phan giac ctia goc BAC.

BAI 4. HINH CHU NHAT
I. TOM TAT LY THUYET

1. Khai niém: Hinh chir nhat 13 tr gidc c6 bon goc vudng.
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A B
i Xl
1 [

D C

2. Tinh chét cta hinh chit nhat:

Trong hinh chit nhat, hai dudng chéo bang nhau va cit nhau tai trung diém cua
moi duong.

* Chii y: Trong tam giac vudng, dudng trung tuyén tmg véi canh huyén bang mot
nira canh huyén.
3. Dau hi¢u nhan biét hinh chit nhat:

a) Hinh binh hanh c6 mot goc vudng 1a hinh chit nhat.

b) Hinh binh hanh ¢6 hai duong chéo bang nhau 1a hinh chir nhat.

* Nhan xét: Néu mot tam giac c6 mot dudng trung tuyén bang nira canh tuwong
ung thi tam giac do la tam giac vudng.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Chirng minh tir giac 1a hinh chir nhat
1A. Cho tam giac ABC c¢6 duong cao AH . Goi | la trung diém cia AC. Liy diém
E sao cho | la trung diém cta doan thing HE. Ching minh AHCE 13 hinh chi
nhat.
1B. Cho tam giac ABC vuong can tai C. Trén cac canh AC,BC lan luot léy cac
diém P,Q sao cho AP=CQ. Turdiém P v& PM song song véi BC (M thudc AB
). Chirng minh t&r gidc PCQM 14 hinh chi nhat.
Dang 2. Sir dung tinh chat hinh chir nhat dé chirng minh cic quan hé hinh hoc
2A. Cho hinh chit nhat ABCD c6 O la giao diém cua AC va BD. Liy mot diém E
bat ky trén duong chéo BD. Trén tia ddi ctia tia EC lay diém F sao cho EF =EC.
V& FH va FK lan luot vuong goc voi AB va AD (H thudc AB,K thudoc AD).

a) Chirng minh BD=2A0.

b) Goi | 1a giao diém ctia KH va AF. Chang minh | 1a trung diém cta KH .
2B. Cho tam gidc ABC vuodng tai A. Léy diém M thudc canh BC.Ké MD va ME
lan luot vudng goc véi AB va AC (D thudc AB,E thudc AC).Lay | 1a trung diém
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cua DE.

a) Tt giac ADME 1a hinh gi? Vi sao?

b) Chirng minh ba diém A, 1,M thing hang.

c) Trén tia di ciia tia DM lay diém P, trén tia ddi ciia tia EM 1ay diém Q sao
cho DP =DM;EQ=EM . Chimg minh A,P,Q thing hing va A la trung diém PQ.
Dang 3. Van dung tinh chit dwdng trung tuyén &ng véi canh huyén trong tam
giac vuong
3A. Cho tam giadc ABC vudng tai A c6 dudng cao AH. Goi |,K lan luot 13 trung
diém cua AB, AC.

a) Chtirng minh tam giac IHA can.

b) Chirng minh IHK =90".
3B. Cho tam giac ABC c6 duong cao Al . Tur A ké tia Ax vudng goc véi AC, tr B
ké tia By song song voi AC. Goi M 1a giao diém cua tia Ax va tia By . Goi P la
trung diém doan thang AB, duong thing MP cat AC tai Q,BQ cat Al tai H .
Chiing minh:

a) CH vuong goc voi AB.

b) Tam giac PIQ can.

4. Cho tam giac ABC c¢6 duong cao AH. Goi | 1a trung diém cia canh AC, trén
tia d0i cha tia IH lay diém E sao cho IE=1IH.Goi M, N lan luot 13 trung diém ctia
HC,CE . Cac duong thing AM, AN cit HE tai G va K .

a) Chirng minh tr giac AHCE 1a hinh chit nhat.

b) Chiing minh HG=GK =KE.

5. Cho tam giac ABC cén tai A. Tir mot diém D trén day BC, vé duong thang
vudng goc voi canh BC cit cac dudng thang AC, AB lan luot tai M,N. Goi H va
K 1an luot la trung diém ctia BC va MN . Chimg minh ring tir gi&c AKDH 14 hinh

chir nhat.

BAI 5. HINH THOI VA HINH VUONG
I. TOM TAT LY THUYET
A. Hinh thoi

1. Hinh thoi I3 ti¢ giac c6 bon canh bang nhau.
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2. Tinh chét vé hai duwong chéo ciia hinh thoi
Trong hinh thoi:

a) Hai duong chéo vudng gdc voi nhau;

b) Hai duong chéo la cac duong phan giac cua cac goc trong D
hinh thoi.

3. Dau hi¢u nhén biét hinh thoi:

a) Hinh binh hanh c6 hai canh ké bang nhau 1a hinh 4
thoi.

i

b) Hinh binh hanh c¢6 hai duong chéo vuéng goc vaoi
nhau 1a hinh thoi.

¢) Hinh binh hanh c6 mot duong chéo la duong phan gidc ciia mét goc 1a hinh thoi.
B. Hinh vuong

1. Hinh vudng la tir giac c¢6 bon géc vuéng va bon canh bang nhau.

A
2. Tinh chét vé dwong chéo ciia hinh vudng | i N ?
Trong mdt hinh vudng, hai duong chéo bang nhau, vuéng " 0
goc v6i nhau, cit nhau tai trung diém mdi dudng va 13 cac
dudng phan gidc cua cac goc cua hinh vudng. D_I | FC

3. DAu hiéu nhén biét hinh vudng

a) Hinh chit nhat c6 hai canh ké bang nhau 1a hinh vudng.

b) Hinh chit nhat c6 hai dudng chéo vuong gbe 1a hinh vudng.

c¢) Hinh chit nhat c6 mot duong chéo 1a duong phan gidc cua mot goc 1a hinh vuong.
*Chuy:

- Hinh thoi c6 mot gbc vudng 1a hinh vuong.

- Hinh thoi c¢6 hai dudng chéo bang nhau 1a hinh vudng.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Chirng minh tir giac 1a hinh thoi, hinh vuong

1A. Cho tam giac ABC c6 dudng phan giac AD. Qua D ké duong thing song song
v6i AC cit AB tai E. Qua D ké dudng thing song song v6i AB cit AC tai F.
Chiing minh tr giac AEDF 1a hinh thoi.

1B. Cho hinh binh hanh ABCD c¢6 AC vudng goc v6i AD. Goi E,F lan luot 1a
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trung diém ctia AB,CD . Ching minh t&r gi\c AECF 14 hinh thoi.

2A. Cho hinh vudéng ABCD. Trén cic canh AB,BC,CD, DA lan luot 1ay cac diém
E,F,G,H saocho AE =BF =CG =DH . Ching minh t&r giAc EFGH 1a hinh vuong.
2B. Cho tam giac ABC vuong tai A c6 duong phan giac AD. Qua D ké duong
thang vudng goc véi AB tai E. Qua D ké duong thang vudng goc voi AC tai F.
Chirng minh tir gidc AEDF 1a hinh vudng.
Dang 2. Van dung tinh chit ciia hinh thoi, hinh vuéng dé chirng minh cac tinh
chét hinh hoc
3A. Cho hinh thoi ABCD ¢6 O la giao diém cuia hai dudng chéo. Trén cac canh
AB,BC,CD, DA lan luot 1y cac diém M,N,P,Q sao cho AM =CN =CP=QA.
Chting minh:

a) Tt giac BMDP 14 hinh binh hanh.

b) Ba diém N,0,Q thang hang.

c) Tt giac MNPQ 1a hinh chir nhat.
3B. Cho hinh thoi ABCD c6 goc ABC bang 60°. Ké AE vudng goc véi DC (E
thugc DC), AF vuong goc voi BC (F thudc BC).

a) Chuing minh tam gidc AEF déu.

b) Chiing minh FE//BD.
4A. Cho hinh vuéong ABCD. Trén cac canh AD,DC lan luot léy cac diém E,F sao
cho AE =DF. Chtirng minh:

a) Cac tam giac ADF va BAE bang nhau.

b) BE vuong géc véi AF.
4B. Cho hinh vudng ABCD . Trén tia ddi ctia tia BA lay diém E, trén tia ddi cua tia
CB lay diém F sao cho AE=CF .

a) Chiing minh tam giac EDF vuong can.

b) Goi | 1a trung diém ctua EF . Chimg minh Bl =DI .

¢) Chimg minh ba diém A,C,| thing hang.
Dang 3. Tim diéu kién dé tir giac 12 hinh thoi, hinh vudng
5A. Cho tam gidc ABC vuong tai A. Lay diém M thudc canh BC. Qua diém M
ké cac duong thang song song v6i AB va AC, chung lan luot cit AC va AB tai E
va F.

a) Tt giac AFME 1a hinh gi?
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b) Tim vi tri cia diém M trén canh BC dé tir gidc AFME 14 hinh vudng.

5B. Cho tam gidc ABC vudngtai A c6 dudng trung tuyén AM . Goi | 13 trung diém
ciia AC,K 1a diém thudc tia ddi cua tia IM sao cho IM =IK .

a) Tt giac AKMB 1a hinh gi?

b) Tim diéu kién cua tam giac ABC dé tir gisc AKMB 1a hinh thoi.
6. Cho hinh binh hanh ABCD. Trén cic canh AB,CD lan luot léy cac diém M,N
sao cho AM = DN . Pudng trung tric cia BM 1an luot cét cac duong thang MN, BC
tai E,F.

a) Ching minh tr gidc MEBF 14 hinh thoi.

b) Tim diéu kién cua hinh binh hanh ABCD d¢é tt giac BCNE 1a hinh thang can.
7. Cho tam gidc ABC nhon c6 cac duong cao BD va CE. Ké céc tia phan giac cua
cac goc ABD va ACE, chung cit nhau tai O va lan luot cat AC, AB tai N,M . Tia
BN cét CE tai K, tia CM cét BD tai H.

a) Chirng minh BN vudng goc vo1 CM .

b) Chirng minh tr gidc MNHK 1a hinh thoi.

ON TAP CHUONG III

I. TOM TAT LY THUYET
Ly thuyét tir Bai 1 dén Bai 5 cta chuong.
II. BAI TAP VA CAC DANG TOAN
1A. Cho tam giac ABC cin tai A c6 dudng trung tuyén AM . Goi | 14 trung diém
ciia AC. L4y diém K sao cho | 1a trung diém cta doan thing MK .

a) Chirng minh t&r giac AMCK 1a hinh chir nhat.

b) Tt giac AKMB 1a hinh gi? Vi sao?

¢) Tim diéu kién cua tam giac ABC dé ttr giac AMCK 1a hinh vudng.
1B. Cho tam giac ABC nhon c6 AB<AC.Lay M la trung diém ctia BC . Trén tia
d6i cta tia MA lay diém D sao cho MA=MD.

a) Chirng minh t&r gidc ABDC 1a hinh binh hanh.

b) Ké AH vudng goc v6i BC (H thudc BC). Ly diém E thudc tia di cua tia
HA sao cho EH = HA. Chirng minh EC=BD.

c¢) Tt giac BCDE 1a hinh gi? Vi sao?
2A. Cho hinh vuéng ABCD . Lay diém E thudc canh CD, diém F thudc tia dbi cua
tia BC sao cho BF =DE.
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a) Ching minh tam giac AEF vudng can.

b) Goi | 1a trung diém cua EF . Chirg minh ba diém B, I,D thang hang.

¢) Lay diém K sao cho | Ia trung diém ctia doan thing AK . Ching minh t&r giac
AEKF 1a hinh vudng.

2B. Cho tam giac ABC vudng tai A, c6 duong cao AH.Qua H ké cac duong thang
vudng goc voi AB tai E, vudng goc vol AC tai F.

a) T giac AEHF la hinh gi? Vi sao?

b) Goi O 1a trung diém cta AH . Ching minh O 1 trung diém ctia doan thang
EF.

¢) Goi M 1a trung diém ctia HC . Ké MI song song AH (I thuoc AC).

Lay diém K sao cho M 1a trung diém cua doan thang Kl . Ching minh ti giac
HICK 1a hinh thoi.
3A. Cho tam giadc ABC vudng tai A c6 dudng cao AH va trung tuyén AM .

a) Chiing minh BAH = MAC .

b) Trén dudng trung truc cua doan thang BC lay diém D sao cho MD=MA (A
va D nam khac phia so v&i doan thang BC ). Ching minh AD 1a phén giac cia ca
goc MAH va goc CAB.

c) Tu D ké DE vudng géc véi1 AB (E thude AB); ké DF vuong goc voi AC (F
thuoc AC). Tir giac AEDF 1a hinh gi? Vi sao?

d) Chiing minh ADBE =aDCF .
3B. Cho hinh vuéng ABCD c6 hai duong chéo AC va BD cit nhau tai O . Liy diém

E sao cho C 1a trung diém cua doan thang DE.
a) Chirng minh tr giac ABEC 1a hinh binh hanh
b) Ching minh tam giac DBE 1a tam gidc vudng can
¢) Goi F 1a trung diém cua BE. T(r gisc COBF 1a hinh gi? Vi sao?

d) Goi | 1a giao diém ciia BC va DF . Ching minh % =§ .

4A. Cho tam gidc ABC vudng tai A. V@& phia ngoai tam giac, v& cac hinh vudng
ABDE va ACFG.

a) Ching minh tir gidlc BCGE 1a hinh thang can.

b) Goi K 1a giao diém cua DE va FG.Lay M I trung diém cia EG.

Chung minh ba diém K, A/ M thang hang.
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¢) Ching minh MA vuodng goc véi BC.

d) Chtrng minh ba dudng thang DC,FB va AM cung di qua mot diém.
4B. Cho hinh vuong ABCD canh a. Goi M, N, K lan lugt 14 trung diém cua cac doan
thang AB,BC,CD.

a) Chirng minh tr gidc AMCK 12 hinh binh hanh.

b) Goi | va J lan luot 1a giao diém cia DN véi CM va AK. Ching
minhaBCM =aCDN .

¢) Ching minh CM vuong goc véi DN .

d) Tinh d6 dai doan thing Al theo a.
5. Cho hinh thoi ABCD c¢6 O la giao diém cia hai dudng chéo. Qua diém B ké
duong thang song song vdi AC, qua diém C ké duong thang song song v4i BD,
hai duong thang nay cit nhau & K .

a) Tt giac OBKC 1a hinh gi? Vi sao?

b) Ching minh AB=0K .

¢) Tim diéu kién cua hinh thoi ABCD d¢é tir gidac OBKC 1a hinh vuéng.
6. Cho hinh binh hanh ABCD c6 BC =2AB va BAD=60". Goi E, F lan lugt la
trung diém ctia BC va AD.

a) Chung minh tr gidc ECDF 14 hinh thoi.

b) Tt giac ABED 1a hinh gi? Vi sao?

c¢) Tinh géc AED.
7. Cho hinh thoi ABCD, hai dudng chéo cat nhau & O . V& diém E ¢ cing phia diém
D so véi AC sao cho AE song song va bang OD .

a) Chung minh tr gidc AODE 14 hinh chit nhat

b) Chirng minh OE //CD.

¢) Tim diéu kién cua hinh thoi ABCD dé tir gidsc AODE 1 hinh vudng?

d) Lay diém M sao cho D 1a trung diém EM , diém N sao cho O 1a trung diém
NE . Ching minh ba diém M,C,N thing hang.

CHU PE 4: PINH LY THALES
BAI 1. PINH Li THALES TRONG TAM GIAC
I. TOM TAT LY THUYET
1. Poan thing ti 18
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Ti s0 ctia hai doan thang 1a ti s6 d§ dai ctia chung theo cung mdt don vi do.

Hai doan thfmg AB va CD goi la ti 1€ v&i hai doan th:fmg AB’ va C'D' néu co ti

1¢ thire:

co co Y AR D

AB A'B’ AB CD
= ha

2. Dinh li Thalés trong tam giac
a) Dinh li Thales
Néu mét duong thang song song voi mot canh cua tam giac va
cit hai canh con lai thi né dinh ra trén hai canh d6 nhimng doan
thang twong Gng ti 18. D E
Xét tam giac ABC, c6 DE//BC(DeAB;EeAC) thi / \
c

AD AE AD AE BD EC B
AB AC'DB EC'AB AC
b) Pinh li Thalés dio

Néu mot duong thang cat hai canh ctia mot tam giac va dinh
ra trén hai canh nay nhirng doan thang twrong tng ti 18 thi duong

thang d6 song song véi canh con lai ctia tam gidc. D E

Xét tam gidc ABC co: / \
AD AE

De AB;Ee AC;,—=— thi DE//BC. B C
AB AC

II. BAI TAP VA CAC DANG TOAN

Dang 1. Poan thing ti 1§

Phwong phdp gidi: Dua vao li thuyét trén dé giai quyét bai toan.
1A. Cho M 14 trung diém cta doan thing AB.

a) Tinh ti s6 V2| b. Tinh ti s6 VA
MB AB

1B. Cho diém M nim giita C va D sao cho 3MC =CD . Tinh i s % va MC

MD
2A. Cho tam gidc ABC, cac trung tuyén AM,BN,CP cit nhau tai G .
AG ; b) Tinh ﬂ
AM NG
2B. Cho tam giac ABC, céc trung tuyén AM,BN,CP cat nhau tai G.

a) Tinh
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Chirng minh MB_NA_PA .
MC NC PB

3A. Viét ti s cac cap doan théng ¢6 do dai nhu sau:
a) AB=3dm va CD=15dm.
b) MN=30cm va PQ=5,2m.
3B. Cho biét 2MN =3PQ va MN +PQ=15m. Tinh do dai PQ va MN.
Dang 2. Sir dung dinh li Thalés dé tinh @ dai doan thing
Phwong phdp giai: Xét dudng thang song song véi mot canh cta tam giac, sau d6
van dung dinh 1i Talet va céc tinh chat cia ti 1é thirc dé tinh toan.

4A. Cho hinh v& va d¢ dai cac canh nhu trén hinh. Tinh BD? Biét DE//BC.

A

7,5 cm

4 cm, 5cm
D E
\
B C
Hinh vé su dung cho bai 44, 4B.
4B. Cho hinh trén va d6 dai cac canh nhu trén hinh. Tinh CE + BD? Biét DE //BC
S5A. Cho tam giac ABC, c¢6 AD=x,EC=3cm,AC=9cm,BD=2,5cm

DE //BC(D € AB;E € AC). Tim x.
5B. Cho tam giac ABC, c6 AD=8cm,EC =4,5cm,AC=9,5¢cm,
BC =16 cm DE//BC(DeAB;EeAC).Tim DB?

6A. Tim x trong hinh v& bén dudi biét AD//BC

6B. Tim x va y trong hinh v& duéi day biét EF //BC va FE=DB=5
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D

B - ¢

Dang 3. Sir dung dinh li Thalés dé chirng minh cic h¢ thirc
Phwong phdp gidi: Van dung dinh 1i @& chtng minh.
7A. Cho tam gidac ABC c6 AM Ila trung tuyén va diém E thudc doan thang MC.
Qua E ké dudng thang song song véi AC, cit AB & D vaciat AM ¢ K. Qua E ké
duong thang song song véi AB, cit AC ¢ F . Ching minh CF = DK .
7B. Cho AABC.Tur D trén canh AB, ké dudng thang song song v6i BC cit AC tai
E. Trén tia ddi ctia tia CA, 1y diém F sao cho CF =DB. Goi M 14 giao diém cua
DF va BC. Chtrng minh DM.AB = AC.MF .
8A. Cho AABC c6 AD la duong trung tuyén, G 1a trong tim. Qua G ké dudng
thang d cat AB, AC thir ty tai M, N . Chttng minh:

o AB L AC by BM  CN _

AM AN AM AN
8B. Cho hinh thang ABCD c¢6 hai ddy 1a AB va CD, M la trung diém ciia AB,O la
giao diém cua AD va BC. OM cat CD tai N. Chung minh N 1a trung diém cua
CD.
9A. Cho tam giac ABC(AB < AC), dudng phan giac AD. Qua diém M 1a trung
diém ctia BC ké duong thang song song v6i AD, cat AB va AC lan luot tai E va
K. Chirng minh:
a) AE=AK. b) BE=CK.

9B. Cho tam gidc ABC, diém | nam trong tam giac, cac tia Al,BI,Cl cat canh
BC, AC, AB theo thir ty & D,E,F. Qua A ké dudng thang song song vdi BC cit
tia Cl tai H va cét tia Bl tai K. Chtng minh:

o AK_HA by AF , AE Al
BD DC BF CE ID

10A. Cho tir gidac ABCD. Qua E e AD ké dudng thang song song véi DC cat AC
& G. Qua G ké duong thing song song véi CB cat AB tai H. Chung minh
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HE//BD.

10B. Cho hinh thang ABCD(AB//CD). M 1a trung diém cua CD. Goi | 1a giao

diém cia AM va BD,K 1 giao diém ctia BM va AC.

a) Chiing minh IK //AB

b) Puong thang IK cit AD,BC theo thitty ¢ E va F . Ching minh El = IK =KF
11A. Cho hinh thang ABCD(AB//CD), céc dudng chéo cat nhau & O . Ching minh

rang OAOD =0OB.OC .
11B. Cho AABC vudng & A, duong cao AH . Tir diém D nam giita H va C, vé
DE L DC(E € AC);DK L AC(K € AC). Chirng minh BE //HK.

BAI 2. PUONG TRUNG BINH CUA TAM GIAC
I. TOM TAT LY THUYET
1. Nhan biét dwong trung binh ciia tam giac
Puong trung binh ciia tam giac 1a doan thang ndi trung diém hai canh cia tam giac.
2. Tinh chéat dwong trung binh ciia tam giac
Puong trung binh ciia tam giac song song voi canh thit ba va bang nira canh do.
Chii y: Trong mot tam giac, néu mot duong thang di qua trung diém mot canh va
song song v&i canh thir hai thi né di qua trung diém cua canh thir ba.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Tinh d$ dai doan thing dwa vao dwong trung binh
Phwong phdp gidi: Dua vao li thuyét trén dé giai quyét.
1A. Cho hinh v€ dudi. Tinh do dai doan DE ?

1B. Cho tam giac ABC, c6 AB=BC=CA=16cm, goi H,K,T lan luot 1a trung
diém cua AB,BC,CA. Tinh HK,KT,HT.

2A. Cho tam giac ABC, c6 J,K lan luot 14 trung diém cua AB, AC, biét JK =12 cm
. Tinh d¢ dai doan thang BC.

2B. Cho tam giac ABC, c¢6 J,K lan luot 1a trung diém cua AB,AC, biét
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JK =32,4 cm. Tinh d6 dai doan thiang BC.

3A. Cho tam gidc ABC, duong trung tuyén BN,CP cit nhau tai G, goi E,F lan
luot 14 trung diém ciia BG,CG, biét BC =15 cm. Tinh FE, PN.
3B. Cho tam giac ABC, dudng trung tuyén BN,CP cit nhau tai G, goi E,F lan
luot 14 trung diém cia BG,CG, biét BC =18 cm. Tinh FE,PN .
4A. Cho tam giac ABC, c¢6 J,K lan luot 1a trung diém cia AB,AC, biét
JK =12 cm, AB =10 cm; AC =16 cm . Tinh chu vi tam giac ABC?
4B. Cho tam giac ABC, c6 J,K lan luot 1a trung diém cua AB,AC, biét
BC =12 cm, AB =10 cm; AC =16 cm. Tinh chu vi tam gidc AJK ?
Dang 2. Chirg minh hai dwong thing song song, chirng minh ba diém thing
hang
Phwong phdp gidi: Dung tinh chat duong trung binh ciia tam giac, cac tién dé O-clit
dé ching minh.
5A. Cho tam giac MNP, goi E,F lan luot 14 trung diém ciia MN, MP . Chitng minh
EF //HK, v6i H,K lan luot 13 trung diém cua NE,PF .
5B. Cho tam gidc ABC, goi E,F lan luot 13 trung diém cua AB, AC. Chirng minh
BC//HK, v6i H,K 1an luot 13 trung diém ctia AE, AF .
6A. Cho tam giac ABC, hai duong trung tuyén BM va CN cit nhau tai G. Goi
E,F lan luot 13 trung diém cua GB va GC. Chitng minh:

a) EF//MN; b) NE//MF .
6B. Cho tam giac ABC, hai duong trung tuyén BM va CN cét nhau tai G. Goi
E,F,H lan luot 14 trung diém cua GB,GC va BC. Churng minh:

a) AG,H thang hang.

b) Goi | 14 trung diém GH . Chtrng minh E, |, F thang hang.
7A. Cho hinh thang ABCD(AB//CD). Goi E,F,G,H lan lugt 14 trung diém cua
AD,BD, AC,BC.

a) Chiing minh FE//AB.

b) Chiing minh FG//CD.

¢) Chimg minh E,F,G,H thang hang.
7B. Cho tam giac ABC ¢6 AB=5cm, AC =7 cm,BC =9 cm. Kéo dai AB liy diém
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D sao cho BD=BA, kéo dai AC ldy diém E sao cho CE=CA. Kéo dai duong
trung tuyén AM cua tam giac ADE Iy | sao cho Ml =MA. Ching minh:

a) Tinh d¢ dai cac canh tam giac ADE.

b) DI //AE.

c¢) Tt giac ABMC 1a hinh gi? Vi sao?
8A. Cho tam giac ABC, trén nira mit phang b 1a AC khong chira diém B, 13y diém
D bat ki. Goi M,N,P,Q lan luot 1a trung diém cua AB,BC , CD, AD . Chlrng minh
MN //PQ va MQ//NP.
8B. Cho hinh thang ABCD(AB//CD), c6 CD-BC > AD, cac dudng phan giac goc
B,C cit nhau tai H, cac duong phan gidc goc A D cit nhau tai K. Chting minh
KH//AB.

BAI 3. TINH CHAT PUONG PHAN GIAC CUA TAM GIAC
I. LY THUYET CAN NHO
1. Pinh li
Trong mot tam giac, dudng phan gidc ciia mot tam giac chia canh ddi dién cta tam

giac thanh hai doan théng ti 1 v6i hai canh ké hai doan éy.

A
GT AABC cO AD la duong phén giac
cua BAC (DeBC)
KL | DB_AB
DC AC
B D L

Chii y: Trong tam giac ABC, néu diém D thudc canh BC va
thoa man % = ? thi AD la duong phan giac ctuia goc A.
2. Pinh li v4i duwong phan giac géc ngoai cua tam giac
Chu y: Duong phan giac cta gbéc ngoai cua mdt tam giac (con goi lai duong phan
gidc ngoai) ciling c6 tinh chat tuong tu .

dudng phan giac trong, cu thé: A

Ta c6 BAX la gdoc ngoai tai dinh A cua

AABC, AD’ la duong phan giac cua BAX
DB _ AB

DC AC’

II. BAI TAP VA CAC DANG TOAN

*VAOTHI.C OM GIAO VIEN: TRUONG VAN DUNG
=

HOC VA THI ONLINE

thi ta cling co




QVAOTHI.COM
) Hoc vi THI ONLINE ON TAP HE ~TOAN 8

Dang 1. Tinh d¢ dai canh

Phuwong phdp gidi: Ap dung Dinh 1i vé duong phan giac trong tam giac tinh d6 dai
cac canh.

1A. Tinh d0 dai x trong cac hinh v& sau:

A M
a) b)
10 i5 x 9
B x D 9 C N 3 D 2 P

A A

C

2A. Cho tam giac ABC c6 d¢ dai cac canh AB=3cm; AC=4,5cm; BC=6cm.

Biét BE la duong phan giac ciia ABC . Tinh d6 dai EA EC.
2B. Cho tam giac ABC c6 d6 dai cac canh AB=7 cm; AC =8 cm; BC =6 cm. Biét
CF la duong phan gidc cia ACB . Tinh do dai FA, FB.

Dang 2. Két hop li thuyét vé dwong phan gidc trong tam giac va dinh li Thalés

dé tinh ti so, tinh d dai doan thing, chirng minh cac dwong thing song song
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3A. Cho tam gidc ABC, cidc duong phan gidc AM,BN,CP. Chung minh
NA MC PB 1

NC MB'PA
3B. Cho tam gidc ABC, cic duong phan gidc AD,BE,CF. Ching minh

IE AC
BE Chu vi AABC'

4A. Cho tam giac ABC véi dudng trung tuyén BM . Tia phan giac goc BMA cit canh
AB tai P, tia phan gidc goc BMC cit canh CB tai Q . Chimg minh PQ//AC.

4B. Cho tam giac ABC can tai A. DPuong phan giac goc B cit AC tai M, dudng
phan giac goc C cat AB tai N. Chang minh MN //BC.

5A. Cho hinh vuéng ABCD. Piém M, N lan luot thudc cac doan théng AB va BC

sao cho %:g Poan théng BD cit MN tai | . Tinh d6 dai doan théng IM, IN

biét MN =4,5cm.
5B. Cho hinh thoi ABCD. Trén canh BC,BA lan lugt léy diém E va F sao cho

%:% .Poan thang FE cét doan thang BD tai | .

a) Tinh 1E ?
IF
b) Gid st FE =12 cm. Tinh d6 dai cac doan IE, IF ?
6A. Cho hinh binh hanh ABCD, tia phan gidc géc C cit canh BD tai E, tia phan

gidc goc B citcanh AC tai F.Ching minh:

a) BE_CF b) FE//AD.
ED FA

6B. Cho tam gidc ABC(AB < AC), tia phan giac goc A cit canh BC tai D. Goi M
1a trung diém canh BC, qua M ké duong thang song song voi AD, dudng thing
nay cit tia ddi cua tia AB tai E va cit canh AC tai F . Chung minh BE=FC.

7. Tinh d0 dai x trong cac hinh vé& sau:

8. Cho tam giac ABC c6 AC =12 cm, AB =20 cm, BC =28 cm . Buodng phan giac géc
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A cit BC tai D.
a) Tinh DB,DC.

b) Qua D ké duong song song v6i AC, dudng nay cit canh AB tai E. Ching

minh tam giac ADE can bang hai cach.

ON TAP CHUONG IV
1A. Tinh d¢ dai X trong hinh v€ sau:

A
5 X
N. M
-
B P c
Hinh 1A Hinh 1B

1B. Tinh d6 dai x trong hinh v& trén. Biét ring MN //BC,MP //AB;

2A. Cho hinh v€ du¢i day. Chung minh AO=0D.
A

Y 5
AR A

B D C
2B. Cho tam gidc ABC, trung tuyén AM . Goi | 1a trung diém cia AM,D la giao
diém ciia Bl va AC.

a) Chirng minh AD = % DC. b) Tinh % ?

3A. Cho tr gidc ABCD c6 hai duong chéo AC va BD vudng goc véi nhau. Goi
M,N,P,Q lan luot 13 trung diém cac canh AB,BC,CD, DA. Chtrng minh MNPQ
la hinh chir nhat.

3B. Cho tam gidac MNP nhon c¢6 H 1a tryc tim. Goi A, B,C,D lan luot 13 trung diém
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cac doan thang MN, NH, HP, MP . Chting minh tir giac ABCD 14 hinh chir nhat.

4A. Cho hinh v& dudi day.

Chung minh AN =NQ=QC.
4B. Cho hinh thang ABCD(AB//CD),E li trung diém AD,| la trung diém BD,
duong thang El cit AC ¢ K vacat BC tai F.

a) Chung minh AK =KC;BI =ID.

b) Cho AB=6 cm,CD =10 cm. Tinh d¢ dai cac doan EI,KF,IK.
5A. Cho hinh binh hanh ABCD c¢6 O la giao diém hai duong chéo AC va BD. Mot
duong thang bat ki qua O cit cac dudng thang AD, BC kéo dai 1an lugt tai M va N
, dong thoi cit cac canh AB,CD lan luot tai P va Q. Chirng minh ON.OP =0OM.0Q
5B. Cho hinh binh hanh ABCD. M6t cét tuyén qua D cat duong chéo AC & |, cat
canh BC & N, cit duong théng AB tai1 M.

a) Chung minh AM.CN khong phu thudc vao vi tri cat tuyén qua D.

b) Ching minh hé thitc ID* = IM .IN.
6A. Cho tam giac ABC vuodng cin tai A. Trung tuyén BD. Puong thang qua A
vudng goéc voi BD cat BC tai E. Ching minh EB=2EC .
6B. Cho aABC vudng can tai A. Puong cao AH va dudng phan gidc BE cit nhau
tai | . Ching minh CE=2.HI .

7. Cho tam gidc ABC c¢6 A=120". Tia phan gisc AD . Chung minh 1 .1
AC AB AD
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CHU DPE 5: PHAN THU'C PAI SO
BAI 1. PHAN THUC PAI SO
I. TOM TAT LY THUYET
1. Pinh nghia

- Phan thirc dai s6 (hay phan thirc) 1a nhitng biéu thirc c6 dang g, voi A B la hai da
thirc va B khac 0 .
- Trong phan thuc g ta goi A la tir thirc (hodc tir), B 1a mau thtc (hodc mau).

- Mbi da thire ciing duoc coi 1a mot phan thirc véi mau thirc bang 1.

2. Hai phan thirc bing nhau
cips oaan . A Cos X
Ta no6i hai phan thic B'D bang nhau néu AD =BC.

3. Gi4 tri ciia phén thirc tai mot gia tri da cho ciia bién
Pé tinh gia tri ctia phan thirc tai mot gia tri cho trudc ciia bién, ta thay bién d6 bang
gia tri da cho vao phan thirc roi tinh gia tri cua biéu thirc s6 nhan dugc.

4. Piéu kién x4c dinh ciia phan thic

- Pidu kién x4c dinh ciia phan thirc g la B0.

- Ta chi can quan tdm dén diéu kién xac dinh khi tinh gia tri ctia phan thic.
II. BAI TAP VA CAC DANG TOAN

Dang 1. Xac dinh tir thirc, mau thirc ciia cic phan thirc

1A. Xac dinh tir thirc va mau thtc cua cac phan thirc sau:

4% -3 1 2t —y?
a ; b ; c :
) 3x+4 ) 2x* -9 ) 3ab*
1B. X4c dinh tir thitc va mau thitc clia cac phan thirc sau:
5m-2 2x° +1 -1
a ; b ; c .
) 3m+7 ) -9 ) —2x*

Dang 2. Ung dung quy tic hai phin thirc bang nhau

Phwong phdp gidi: Mubn biét 2:% dung hay sai ta tinh tich AD va tich BC rdi
so sanh hai két qua.

A A c 1A ) 1w V1A A A C ,
Néu thay hai két qua bang nhau (AD =BC) thi két luin B D dung.
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Néu théy hai két qua khac nhau (AD = BC) thi két luan g - % sai.

2A. Vi sao cic két luan sau ding?

—4 16X X—2 x*-2x
a) —=———; b) = ;
3x 12X 6 6X

-1 1-2x

x+2 2% +3x—-2

©)

2B. Vi sao céac két luan sau dung?

3+2x  2X°+3x°

2
: C)y+3y+9: y-2

-5x  10x
a) 2= b) ! . .
y® =27 y —2y+6

2 -4y’ 4 4x?

Dang 3. Tim diéu kién xdc dinh ciia phan thirc
Phirong phdp giai: Diéu kién xac dinh ciia phan thic g la B=0O.

Chu y: Chuong trinh khong yéu cau giai diéu kién nay (ttrc 1a khong yéu cau tim cac
x thoa man diéu kién)

3A. Viét diéu kién xac dinh cua cac phan thtrc sau:

2) 1 : b) 4—5x; c >:—1 .
X+2 X+1 3X° 46X
3B. Viét diéu kién xac dinh cta cac phan thic sau:
-5 24— 8x° 2X+7
a ; b ; c) ———.
) 2x -5 ) Xt -1 ) x® + 64
Dang 4. Tinh gia tri ciia phan thirc tai mdt gia tri di cho ciia bién
e o A CAX)
Phwong phap giai: Gia tri cua phan thuce B tai x=X, la B(x,) , tirc 1a mudn tinh giad
XO

tr1 cia phan thtrc tai mot gia tri da cho cua bién ta tinh gia tri cua tu thuc va gia tri
ctia mau thuec tai gia tri da cho cua bién roi chia hai két qua.
5x+3

4A. Cho phan thic A= e
—X

a) Viét diéu kién xac dinh cta phan thic A.
b) Tinh gié tri ciia phan thic A 1an luot tai x=0;x=1 va x=-1.

—4a+1

4B. Cho phén thuc B= ————.
a’+4a+4

a) Viét diéu kién xac dinh cta phan thic B.
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b) Tinh gia trj ciia phan thirc B 1an luot tai a=0;a=3 va a=-1.

Dang 5. Cac bai toan thue té vé phan thirc
Phuong phap giai: Biéu dién mot dai lugng theo mot dai luong khac (dugc chon
1am bién) dudi dang mot phan thire ri tinh gia tri ctia phan thirc d6 tai mot gia tri da
cho ctia bién. Thudng str dung cac cong thire quen thudc nhu tinh quing duong theo
van tdc va thoi gian; tinh sb san pham theo thoi gian va ning suat lao dong; ...
5A. Mot xe may di hét quang duong dai 150 km trong thoi gian 1a t gio.

a) Viét biéu thirc biéu thi van tdc trung binh cia xe may trén quing dudng d6 véi
don vi km/h.

b) Tinh vén tdc trung binh cta xe may biét thoi gian xe may di hét quing duong
do 1a 3 gio.
5B. Trung binh mdi gio ban My gip dugc X con hac giy.

a) Viét biéu thirc biéu thi thoi gian (tinh bang gid) ban My gip duoc 80 con hac
gidy.

b) Tinh thoi gian ban My gap duoc 80 con hac gidy biét trung binh mdi gio ban

ay gap duoc 16 con hac giay.

BAI 2. TINH CHAT CO BAN CUA PHAN THUC PAI SO

I. TOM TAT LY THUYET

1. Tinh chit co ban ciia phén thire

- Néu nhén ca tir va mau ctia mot phan thirc vdi cling mot da thirc khac da thirc 0 thi
dugc mot phan thirc bang phan thirc di cho:

gz % (M I3 mot da thirc khac da thic 0).

- Néu tir vd mau cia mot phan thitc ¢6 nhan tir chung thi khi chia ca tor va mau cho
nhan tir chung d6 ta dugc mot phan thirc bang phéan thire da cho:

’—g _ % (N 1a mét nhan tir chung)
- Quy tic d6i ddu: Néu d6i diu ca tir va miu ciia mot phéan thirc thi duoc mot phan
thirc bang phan thirc da cho.

A -A

B -B

2. Rt gon phan thire: 13 bién d6i phan thirc d6 thanh mot phan thirc méi bang no
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nhung don gian hon.

* Cdch rit gon mét phan thire: Mudn 1t gon mot phan thirc, ta 1am nhu sau:

- Phan tich tir va mau thanh nhan tir (néu can) dé tim nhan tir chung;

- Chia cé tir vd mau cho nhéan tir chung dé.

3. Quy dong miu thirc nhiéu phén thire: 13 bién ddi cac phan thirc di cho thanh
nhitng phan thirc méi ¢6 cing miu thirc va 1an luot bang cic phan thirc di cho.
Mudn quy déng mau thirc nhiéu phan thirc ta 1am nhu sau:

- Phan tich cac miu thirc thanh nhén tir rdi tim mAu thirc chung (MTC);

- Tim nhén tir phu cia méi mau thire bang cach chia MTC cho mau thirc do;

- Nhan ca tir va mau cia mdi phan thire v6i nhan tir phy twong tmg.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Van dung tinh chit co ban ciia phén thic

Phwong phdp giai: Chia ca tir va mau cho nhén tir chung hodc doi dau ca tir va mau
cua phan thue.

1A. Dung tinh chat co ban ctia phan thirc, giai thich vi sao cac két luan sau dang:

(x+3)°  (x+3)* . b) Xx-2  2-X

243X X 4-5x —4+5x

1B. Dung tinh chat co ban cua phan thire, giai thich vi sao cac két luan sau dung:

2) (4-y)' _ (4-y) : b) 3+2x  —2x-3

ay-y* y 3x-5 5-3x
2A. Tim da thic A trong mdi truong hop sau:

x-1 A b) A 3x*+3X
2X+y —2X—y 2x—-3  6x-9

2B. Tim da thitc B trong mdi trudng hop sau:

2- B 2y-1 -1
Q) o= b) oS-
y' -9 -y +9 B y-3
Dang 2. Rut gon phan thirc
3A. Rut gon cac phan thuc sau:
6x+12 25x(2—x 7 +7x
2 X2, by 2429, o) XX
24x° +48x 10x(x—2) X" =1

3B. Rut gon céc phan thuc sau:
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4x+20 b) 36x(x—4) 0 X2 +2x+1
50x +10x? 45x(4—x)*’ 33 +3x

a)

X+4
x2-16"

4A. Cho phan thuc M =

a) Rut gon phan thirc da cho, ki hiéu N 1a phan thirc nhan dugc.
b) Tinh gi4 tri cia M va N tai x=1. So sanh hai két qua do.

9-x
81-x*

4B. Cho phan thirc H =

a) Rat gon phan thire da cho, ki hi¢u K 1a phan thirc nhan duogc.
b) Tinh gia tri cia H va K tai x=0. So sanh hai két qua do.

. o, o2x o ax(B=x)
5A. Tim a sao cho hai phan thirc va bang nhau.
x-2  (x=2)(x-3)

2(y 2
mx’ (x~6) va 4x bang nhau.
(x+3)(6—x)  x+3

5B. Tim m sao cho hai phan thirc

Dang 3. Quy dong miu thirc nhiéu phan thirc
6A. Quy ddng miu thirc cac phan thirc sau:

3 . 5 3 . X
va :
x% —3x 2X—6

a)

6B. Quy dong miu thirc cac phan thic sau:

5x . O X+2 7 . X
va ; b) — va — .
2X+8 3x+12 X —6X+9 3X°—9x

a)

7A. Quy dong mau thirc cac phan thirc sau:

0,5 . -1 1 X -1

a) ; va ———; b) ; va — 5
X+3 2X—6 X° -9 2X—2y 4x—-4y X —2Xy+Yy

7B. Quy dong miu thirc cac phan thic sau:

7.3 . . 1 -2 22X+

a X a ; b X va .
) X—4'3x+12 | 16-x2 ) 2X—y 4x*—y®  AxP—4xy+y®

Dang 4. Bai tip tong hop

4x% +2x+1 N X% +5X

8A. Cho hai phan thtrc 3 va — .
8x" -1 X" —25

a) Rut gon hai phan thirc da cho.

b) Quy dong miu thirc hai phan thirc nhan duoc ¢ cau a).
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x>+x+1 . 15-5x
3 va 5 .
1-x X°—6X+9

8B. Cho hai phan thuc

a) Rut gon hai phan thirc da cho.

b) Quy dong mau thirc hai phan thirc nhan duoc ¢ cau a).

BAI 3. PHEP CONG VA PHEP TRU PHAN THUC PAI SO
I. TOM TAT LY THUYET
1. Cong hai phan thirc ciing miu
- Mudn cong hai phéan thirc cing mau, ta cong cac tir thirc v6i nhau va gitt nguyén
mau thire:

A+B

A B
M M M
- Két qua phép cong hai phan thirc dugc goi 1a tong cua hai phan thire d6. Ta thuong
viét tong dudi dang rat gon.

2. Cong hai phan thirc khong cliing miu:

- Mudn cong hai phan thirc khong ciing mau, ta quy ddng mau thirc réi cong cac phin
thirc cuing mau tim dugc.

3. Trir hai phéan thirc

- Muén trir hai phan thitc cting mau ta trir cac tir thire va gilt nguyén mau thirc.

- Mudn trir hai phan thirc khong cung mau, ta quy dong mau thirc roi trir hai phan
thirc ciing mau nhén dugc.

4. Cong, trir nhiéu phan thirc

- Ta ¢6 thé ddi chd céac sd hang (kém theo dau); nhom (két hop) cac s6 hang mot cach
tuy y.

5. Quy tic ddu ngoic

- Néu trudc dau ngodc c6 dau "+" thi khi bo ddu ngoic ta git nguyén cac s hang.

- Néu trude ddu ngodc c6 dau "-" thi khi bo ddu ngoic ta doi dau cac s hang.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Thue hién phép cong hai phan thire

Phwong phdp gidi: St dung quy tic cong hai phan thic cung mau, khic mau.

1A. Thuc hi¢n phép tinh:

3x+1 2x+2 xy 1-x° 4x 1
a st o5 b + ;C) + .
X’y 71X’y 2X—y y-2x 4x-2  2x(1-2x)
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1B. Thuc hién phép tinh:

x+3 3x-1 3X —X X+3 x+1
a) — +——5 b) + ; C) 55—+ =
2X 2X 5x+5y 10x-10y Xx*=1 x-—X
Dang 2. Thuc hién phép trir hai phan thirc
Phwong phdp gidi: St dung quy tac trir hai phan thirc ciing mau, khac mau.
2A. Thyc hién phép tinh:

2
4+x°  Ax | b) 1 1 . X+9y 3y

2 X—2 x-2° y(x=y) x(x-y) 7 x*-9y* x*+3xy

2B. Thyc hién phép tinh:

x*-3 -2 b)5x2—y2_3x—2y_ 0 1 25x-15
x+1 x+1° Xy y X—5x* 25x*-1

Dang 3. Thuec hién phép cong, trir nhiéu phan thirc

Phwong phdp gidi: St dung quy tic ddu ngodc; doi chd cac sé hang (kém theo dau);
nhom (két hop) cac s hang mot cach tiy .

3A. Thuc hién phép tinh:

2 5 3 2 3 5
a) —+ - ——+ - ;
X X—-2 2x+1 x 2x+1 x+2

3X-1 —Xx+2 X+2 1-3x 2-X 1
+ - + — + X
X 2x+3 x?-16 X 2X+3 x—4

3B. Thuc hién phép tinh:

b)

> + + .
X"—4 Xx+2 X X+2 X X-2
4A. Thuc hién phép tinh:

x+1 1 +x+3.
(x-1)° x+1 1-x*’

2X 2 3—-X 2 4 X—3
b) —- + + | 5—+ .
X -4 X+5 x+1 X+5 X -4 x+1

4B. Thuc hi¢n phép tinh:

1-2x 2X 1
+ + ;
2X  2x—1 2x—4x?

a)

a)
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5-x 5 2 X—-3 2 5
b) ———+ — +— — + :
X +2 X—3 \4—-X X +2 X—4 x-3

5A. Thuc hién phép tinh:

2 2
X+y X-—y X -y X+Yy

a)

5B. Thuc hién phép tinh:

a)5x2—y2_3x—2y_ b) 2X Y 4
Xy y X2 +2xy  xy-2y° x*—4y

5 -

Dang 4. Bai toan thuc té vé phép cong, phép trir phan thirc
Phwong phdp gidi: Biéu dién mot dai luong theo mot dai luong khac (dugc chon lam
bién) duéi dang mot phan thire r6i tinh gia tri ctia phan thirc d6 tai mot gia tri di cho
ctia bién (thudng sir dung cac cong thirc quen thudc nhu tinh quing dudng theo van
tdc va thoi gian; tinh s6 san pham theo thoi gian va ning suét lao dong;...) roi cong,
trir cac phan thirc nhan duogc.
6A. Mot do1 cong nhan can may 11 600 chiéc 40. Giai doan thir nhat, doi may voi
nang suat x chiéc 40 mdi ngay va da may dugc 5000 chiéc d0. Giai doan thir hai,
nho cai tién ki thuat, méi ngay d6i may thém duoc 25 chiée 4o.

a) Viét cac phan thuc theo bién x biéu thi thoi gian d6i may & giai doan thir nhat

va thoi gian ddi may & giai doan thir hai.

b) Tinh tong s6 ngay dé doi hoan thanh cong viéc vdi x =250.
6B. Mot nguoi 1ai xe may di chuyén tir nha kho dén cira hang rdi quay lai nha kho
v6i van te du dinh 1a x kmv/h . Quang duong tir nha kho dén ctra hang 1a 70 km. Luc
di, vi dudng dong nén nguoi d6 di voi van tde thuc té nhé hon van téc du dinh 1a
5 km/h . Lic vé, nho duong vang hon nén ngudi d6 di véi van tée 10n hon du dinh
la 5 km/h.

a) Viét cac phan thirc theo bién x biéu thi thoi gian lac di, luc vé va tong thoi gian
ngudi d6 di chuyén.

b) Tinh tong thoi gian ngudi d6 di chuyén biét van tdc lac di 13 30 kmvh .

BAI 4. PHEP NHAN VA PHEP CHIA PHAN THU'C PAI SO

I. TOM TAT LY THUYET
1. Nhan hai phan thire
Mudn nhan hai phan thirc, ta nhan cac tir thirc v6i nhau, cac mau thie véi nhau:
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AC_AC
B'D BD

* Cha y: Két qua ctia phép nhan hai phan thtrc dugc goi 1a tich. Ta thudong viét tich
dudi dang rat gon.
2. Tinh chét ciia phép nhan phan thirc

Phép nhén phén thic c6 cac tinh chat:

- Giao hoan: —.—=—.—;

- Phan phéi ddi v6i phép cong: AC,EILAC AE
BLD F/ B D B'F

3. Chia hai phan thuc

- Muén chia phan thirc g cho phéan thuce % khéc 0, ta nhan g v&i phan thic % :

w | >

C AD ,.C
i—=—.— VOl —#0.
D BC D

* Chuy: EE =1. Ta no6i b 1a phan thirc nghich dao cua E
DC C D

II. BAI TAP VA CAC DANG TOAN
Dang 1. Thue hién phép nhan phan thirc
1A. Thuc hi¢n phép nhan phan thuec:

2) (x=13° [ 3x* ). b) X* +6x+9 (x-1)°
2x° | x-13) 1-x  2(x+3)°

1B. Thuc hién phép nhan phan thirc:

2) _ 3% ) ([ x*=25), b) x> -9 3x+6
X+5) 6x° ) 2x2 +8Xx+8 x> —6Xx+9

Dang 2. Thue hién phép chia phan thirc

2A. Thuc hién phép chia phan thuec:
2x° 5x° 3x+21  x°-49
a) | — |: = |5 b) = .
3y -6y 5X+5 X +2x+1

2B. Thyc hién phép chia phan thirc:
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2) X =y ) X4y b) 3-3x 6x°-6
6x%y ) 3xy A+x)? " x+1

Dang 3. Tim thanh phin chwa biét trong phép nhan va phép chia phan thirc
3A. Tim c4c phan thic A va B thda man:

X2+Xy  X+y 3x*-3y*  15x%y

A. = ; b) B = :
) 3x*-3y°  y—x ) 5xy 2y —2x
3B. Tim cac phan thirc M va N thdéa man:
2_ _ 2 2
2) M. 2x 36 :4x 24; b)N:X 292y _ 3xy .
X“+2x+1 5x+5 Xy 2X—6Yy

Dang 4. Bai tap tong hop vé cac phép tinh véi phan thire

15— x 2 ) X+1
5 + ) .
X°—25 x+5) 2x°-10x

4A. Cho biéu thirc P :(

a) Rut gon biéu thuc P.
b) Tinh gia tri ctia biéu thirc P tai x=1.
c) Ching to P=2+ _—21 . Tlr d6 tim tat ca cac gia tri nguyén cua x sao cho biéu
X+
thirc P nhan gia tri nguyén.
x+1 2X +x+1 3-11x

4B. Cho hai biéu thirc: A=""- va B= +.
X—3 X+3 x-3 9-X

a) Tinh gia tri clia biéu thirc A tai x=0.

b) Rut gon biéu thic B.
¢) Xét biéu thirc P =% . Tim tat ca cac gid tri nguyén cua x sao cho biéu thic P

nhan gia tri nguyén.
Dang 4. Bai toan thyc té vé phép nhén va phép chia phén thic
S5A. Mot ca nd di 72km xudi dong trén mdt khuc song, sau do lai di 54km nguoc
dong khuc song d6 hét tt ca 6 gid. Biét van tdc riéng ctia cand 1a x km/h va van toc
cua dong nudc la 3km/h.

a) Viét phan thtic theo bién x biu thi thoi gian ca nd di xudi dong.

b) Viét phan thtrc theo bién x biéu thi thoi gian ca nd di nguoc dong.

¢) Viét phan thtrc theo bién x biéu thi tong thoi gian ca nd di xudi dong va nguoc
dong.

d) Tinh vén tdc riéng cua ca nd.
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5B. Hai voi nudce cung chay vao mdt bé khong c6 nudc thi sau 12 gio s€ day bé. Néu

chi m& voi I chay trong 3 gio rdi khoa lai va mé voi II chay trong 18 gid thi day bé.
Biét thoi gian voi I chay riéng ddy bé ké tir khi bé khong c6 nudce 1a x gio.
a) Viét phan thirc theo bién x biéu thi lugng nude mdi gid voi I chay vao bé.
b) Viét phan thtic theo bién x biéu thi lvgng nude mdi gior voi II chay vao bé.
¢) Viét phan thirc theo bién x biéu thi tong lwgng nudce trong bé khi mé voi I trong
3 gio va m¢& voi Il trong 18 gio.

d) Tinh thoi gian voi I chay riéng day bé.

ON TAP CHUONG VI
1A. Tinh gia tri cac biéu thirc sau:

8 2 1 x3+x2—2x—20_ 5 N 3

) A:(x2+3)(x2—1)+x2+3+x+1;b) 5= X2 —4 X+2 Xx—2

1B. Tinh gi4 tri cac biéu thirc sau:

3 2 2 2
agM="__% ., by N=| 2V XEY X Y +1.2Xy2.
Xx-=1 x+1 x-1 x+1 X+y X-Yy 2Xy X“+y

2A. a) Tinh hiéu 11 :
k k+3

b) Str dung két qua cau a, rat gon biéu thic sau:

3 3 3
k(k+3) (k+3)(k+6) (k+6)(k+9)

¢) Str dung két qua cau b, tinh nhanh gia tri biéu thic:

3 3 3 3
=2 .
14" 47 710 " 2528
2B. a) Tinh higu ~——~
n n+4

b) Str dung két qua cau a, rat gon biéu thic sau:

B= 4 + 4 + 4
n(n+4) (n+4)(n+8) (n+8)(n+12)

¢) Str dung két qua cau b, tinh nhanh gia tri biéu thuc:
4 4 4 4
=t —— ..
26 6.10 10.14 34.38

3A. Tinh gia tri cac biéu thuc sau:
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1 1 2 4 8 16
a) S= + + >+ o+ 5+ o
1-x 1+x 1+x° 14X 1+x 14X
1 1
7+7
_X Yy
b)T—l_é.
Xy

3B. Tinh gia tri cic biéu thirc sau:

x x-1 1- 2

X+1 X _ X+1

VP X D= e
4A. Cho biéu thie p=**2_ 5 1

X+3 X*4+x-6 2-x
a) Tim diéu kién xac dinh ctia P va rat gon biéu thirc P.
b) Tinh gia tri cua P tai x=0.
¢) Ching minh P =1—L2 . Tir d6 tim tat ca cac gia tri nguyén cua X sao cho
X —
biéu thirc da cho nhan gi tri nguyén.
3 1 18

4B. Cho biéu thirc Q= ——+————— .
X+3 x-3 9-X

a) Tim diéu kién x4c dinh ctia Q va rat gon biéu thic Q .

b) Tinh gia tri cua Q tai x=1.

¢) Xét biéu thirc R=Q.x. Ching minh R=4+ % . T d6 tim tat ca cac gia tri

nguyén ciia X sao cho biéu thirc R nhan gi tri nguyén.
5A. Mot nguoi di bo tir A dén C . Quing dudng AC dai 10 km, gdm hai doan nho:
doan AB 1én dbc dai 6 km va doan BC xudng dbc dai 4 km. Khi 1én dbc ngudi do
di voi van toe x knmvh .

a) Viét phan thirc theo bién x biéu thi thoi gian nguoi d6 di 1én déc.

b) Khi xudng dbc, ngudi d6 di voi van tée gap doi van toc khi 1én doc. Viét phan

thirc theo bién x biéu thi thoi gian ngudi d6 di xudng ddc.

¢) Viét phan thirc theo bién x biéu thi tong thoi gian ngudi d6 di 1én déc va xudng
dbc.

d) Biét tong thoi gian ngudi d6 di 1én doc va xudng ddc 1a 2 gio 40 phut. Tinh van

téc clia ngudi d6 khi 1én déc.
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5B. Dé hoan thanh 90 san phdm trong mot s6 ngay theo ké hoach, mdi ngay mot cong

nhan phai hoan thanh x san pham.
a) Viét phan thirc theo bién x biéu thi thoi gian ngudi cong nhan hoan thanh 90
san pham.
b) Thuc té, nho cai tién ki thuat, mdi ngay nguoi cong nhan 1am vuot mirc ké
hoach 13 5 san phdm. Viét phan thirc theo bién x biéu thi thoi gian ngudi cong
nhan hoan thanh 90 san pham khi do.
c) Biét nguoi cong nhan hoan thanh 90 san pham sém hon ké hoach 1a 3 ngay.

Tinh sb san pham mdi ngay ngudi cong nhan phai 1am theo ké hoach.

CHU PE 6: PHUONG TRINH BAC NHAT VA HAM SO BAC NHAT
BAI 1. PHUONG TRINH BAC NHAT MOQT AN

I. TOM TAT LY THUYET
1. Phuwong trinh mot an
+ Phuong trinh mot an x 1a phuong trinh c6 dang A(x)=B(X), trong d6 vé trai A(x)
va vé phdi B(x) 1a hai biéu thirc ctia bién X .
+ 86 X, 12 nghi¢m cua phuong trinh A(x)=B(x) néu tai x=x,,A(x) va B(x) c6
cung gia tri.
+ Tap hop tat ca cac nghiém cua mot phuong trinh ciing duoc goi 13 tdp nghiém cua
phuong trinh d6 va thuong dugce ki hiéula S.
+ Giai mot phuong trinh nghia 1a tim tat ca cac nghiém cia no.
2. Phuong trinh bac nhit mdt 4n va cach giai
+ Phuong trinh bac nhat mot 4n x 14 phuong trinh c6 dang ax+b =0, véi a,b 1 hai
s6 dd cho va a=0.
+ Hai quy tic giai phuong trinh:
- Trong mot phuong trinh, ta c6 thé chuyén mot sé hang tir vé nay sang vé kia va d6i
dau sé hang d6 (Quy tic chuyén vé).
- Trong mdt phuong trinh, ta c¢6 thé nhan (hodc chia) hai vé véi (cho) mét s6 khac 0

+ Phuong trinh bac nhat ax+b =0(a#0) dugc giai nhu sau:

ax+b=0

ax=-h
b

X=——
a

q’VAOTHI.C OM GIAO VIEN: TRUONG VAN DUNG
=

HOC VA THI ONLINE



QVAOTHI.COM
B Hoc Vi THI ONLINE ON TAP HE— TOANS

+ Phuong trinh bac nhat ax+b=0(a=0) c6 nghiém duy nhat x = b
a

3. Phwong trinh dwa dwoc vé dang ax+b=0
Str dung hai quy tic giai phuong trinh ta c6 thé dua mot sé phuong trinh an x vé
dang ax+b=0.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Xét xem mdt s6 cho truéc 6 12 nghiém ciia phwong trinh hay khong?
Phuong phdp giai: Dé xem sd X, c6 1a nghiém ctia phuong trinh A(x)=B(x) hay
khong, ta tinh céc gid tri A(X,),B(,) clia hai vé va so sénh hai két qua.
+Néu hai két qua nhu nhau (tirc 12 A(X, )= B(x,)) thi X, 12 nghi¢m ctia phuong trinh
da cho.
+ Néu hai két qua khéac nhau (ta viét A(x,)#=B(X,)) thi x, khong 1a nghi¢m cua
phuong trinh da cho.
Vi du: Cho phuong trinh 3x—7 =5—x. Giai thich vi sao:
a) x=4 khong la nghiém cua phuong trinh.
b) x =3 la nghi¢m ctia phuong trinh.
1A. Cho phuong trinh 4x—7 =5+ X.
Kiém tra xem x=3 va x=4 s6 nao la nghiém cua phuong trinh da cho?
1B. Cho phuong trinh t* -3t +2=1-t.
Kiém tra xem t=1 va t =2 s ndo 1a nghiém ctia phuong trinh da cho?
2A. Hiy xét xem s6 1 ¢6 12 nghiém ctia mdi phuong trinh sau hay khong?
a) X+2=4-X; b) 3.(x+1)=4—(3-x).
2B. Hay xét xem s6 -2 ¢6 1a nghiém ctia mdi phuong trinh sau hay khong?
a) 3Xx+1=3-Xx; b) x+7=4.(x+3)-2x-3.
Dang 2. Nhan dang phuwong trinh bac nhat mét an
Phwong phdp gidi: Dua vao dinh nghia phuong trinh bac nhat mot an.
3A. Trong cic phuong trinh sau, phuong trinh nao 1 phuong trinh bac nhat mot an?
Visao ?
a) 2x+5=0; b) 4x-1=0; c) -X+9=0;
d) 0.x+4=0; e) 7—-0,5x=0; f) 5x=0.

3B. Trong cac phuong trinh sau, phuong trinh nio 1a phuwong trinh bac nhat mot an?
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Visao ?
a) 3x+1=0; b) 2,5x—%=0; c) X* —4=0;
11 5
d) 0.x—-3=0; e) =——x=0; —x=0.
) ) 3 3 f) 3

Dang 3. Giai phwong trinh bic nhit mgt 4n
Phirong phdp giai: Phuong trinh bac nhat a-x+b = 0(a=#0) dugc giai nhu ly thuyét.

4A. Giai cac phuong trinh sau:

a) 3x—6=0; b) 7—-2x=0;
4 2

c) =X+—=0; d) 1,25+0,25x=0.
5 15

4B. Giai cac phuong trinh sau:

a) 4x+12=0; b) 8,4-1,2x=0;
o 2122y 20; d) 0,2x+2 =0.
9 3 5

Dang 4. Giai phwong trinh don giin bing cach bién d6i vé dang ax+b=0
Phwong phdp gidi: Str dung hai quy tic giai phwong trinh, quy tac ddu ngodc, rat gon
biéu thirc dai s, ... dé bién doi phuong trinh vé dang ax+b=0.
5A. Giai cac phuong trinh sau:

a) 8x—5=2x+13; b) 6x—4+x=3.(x+4);

c) 3x—(5-2x)=4(x+1)-10; d) 3.(x—4)—(x+5)=6x—(5+2x).
5B. Giai cac phuong trinh sau:

a) X+7=4x-5; b) 9x—-12—-2x=6+X;

¢) 2x+(5-3x)=15-5(x—2); d) x—2(x+3)—4=4x—(8+3x).

6A. Giai cac phuong trinh sau

2) 4x—5:1+3x; b) 10x+3_1:6x+8;
3 2 12 9
— — — 5.(5-2x

C) x 1+2x=16—x; d) ! 3X+§=2(x—2)+g.
6 5 12 4 6

6B. Giai cac phuong trinh sau:

2) 2x+1:—x—5; b) x—X+1=2X+1;

4 6 3 5

QFVAOTHI.C OM GIAO VIEN: TRUONG VAN DUNG
=

HOC VA THI ONLINE



QVAOTHI.COM
) Hoc vi THI ONLINE ON TAP HE ~TOAN 8

3(x—11) 3(x+1)+2x+5. 3(x+3)+1:5x+9_7x—9

_ : d
T "

7A. Gidi cac phuong trinh sau:

a) 25x —2.(5+ 20x) = 25-15x;
b) 3.(2x-5,5)+4.(L1-x)=2(x-6)—-0,1;

X—4 3x-2 2X—=5 Tx+2
+ —X= — .
5 10 3 6

©)

7B. Giai cac phuong trinh sau:

a) 3.(2x—3)—5x=9x—2.(4x+1);

) ————=

4 12

c) 2.(3—xj+6.(x—§j=8.(x—_3+1j—1.
2 4 2 2

Dang 5a. Tim gi4 tri ciia 4n dé biéu thirc nhén gia tri cho truéc

x-2 x _x-1 1
6 3’

Phwong phdp giai: Dé giai cac bai tip dang nay, ta thay gia tri cho trudc cia biéu
thirc vao cong thure, tr d6 tim gia tri cia an.

8A. Cang 1n cao khong khi cang lodng nén ap suat khi quyén cang giam. Véi nhiing
d6 cao khong qua 16n thi cong thirc ap suat khi quyén twong tng voi d6 cao (so véi
muc nude bién) ¢ dang p=-0,08.n + 760, trong d6 h (m) 14 dd cao so voi muc nudce
bién, p(mmHg) 1a &p suit khi quyén tng véi d6 cao h. Hiy tinh do cao cua cao
nguyén Mdc Chau (Son La) so v6i muc nude bién biét ap suit khi quyén tai day
khoang 676mmHg .

8B. Mot nha may san xudt xi mang c6 san lurong hang nam duoc tinh theo céng thirc
T =12,5(n-2010)+ 360, trong d6 T 1a san lugng xi mang (don vi tan) va n la nim
nha may dat dugc san lugng T . Theo cong thurc trén, nha may s€ dat san lugng 535
tAn vao nim nao?

9A. Do hoat dong cong nghiép thiéu kiém soat ctia con ngudi 1am cho nhiét d6 Trai
Dt tang 1én mot cach dang lo ngai. Cac nha khoa hoc dua ra du bao nhiét do trung
binh trén bé mat Trai Pat theo cong thitc T =0,02t +15, trong d6 T 14 nhiét d6 trung
binh mi nam ("C), t 1 s6 nam tinh tir ndm 1950.

a) Hay tinh nhi¢t d6 trung binh bé mit Trai Dat vao nam 2023.
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b) Vao nam ndo nhiét do trung binh bé mit Trai Dat khoang 17°C?

9B. Qua nghién ctru, ngudi ta nhan thiy ring mdi quan hé giira nhiét do méi trudng
va luong calo mot ngudi can st dung dé lam viéc mdi ngdy tuan theo cong thirc
C =135T +165, trong d6 C 1a lwong calo can sir dung dé lam viéc mdi ngay, T 1a
nhi¢t do moi truong (“C).
a) Hay tinh luong calo mot ngudi can st dung dé 1am viéc néu ngay hom do6 nhiét
dd mdi truong 1a 35°C.
b) M6t nguoi chi can dung 3000 calo dé 1am viéc trong ngdy thi nhiét d6 ngay
hom do 1a bao nhiéu?
Dang 5b. Giai quyét bai toan thuc té din téi phwong trinh mot an dwa dwoc vé
dang ax+b=0
Phwong phap gidi: Dé giai cac bai tap dang nay, ta can tim biéu dién duogc cac dai
lugng theo bién cho trude, tir d6 st dung mdi quan hé cua hai dai luong dé tim gia
tri cua bién.
10A. Bé phuc vu nhu ciu cua khach hang trong dip Tét, cira hang An Khang nhap vé
20 thung banh loai nhé va 30 thing banh loai to. Tuan sau d6, ctra hang nhép tiép 30
thiing banh loai nho va 24 thing banh loai to. Biét rang mdi thing banh loai to c6 10
hop banh va sb hop banh nhap cta ca hai dot 1a nhu nhau.
a) Goi x(x € N) 1a s6 hop banh trong mdi thing banh loai nhé. Viét phuong trinh
biéu thi tong s6 hop banh nhép vé trong hai dot 1a bang nhau.
b) Giai phuong trinh nhan dugc ¢ cdu a dé tim s6 hop banh trong mdi thung banh
loai nhd.
10B. Mot cong ty van chuyén nhan hai don van chuyén tai hai kho hang. Tai kho A,
cong ty didu dong 18 xe loai I va 24 xe loai II. Tai kho B, cong ty diéu dong 12 xe
loai I va 34 xe loai II. Biét xe loai II ¢6 tai trong 3 tan, khdi luong hang véan chuyén
& hai kho 14 nhu nhau va tat ca cac chuyén xe déu cho téi da theo tai trong cia xe.
a) Goi x (tdn) (x>0) la tai trong cta xe loai I. Viét phwong trinh biéu thi khoi
luong hang van chuyén & hai kho 1 nhu nhau.
b) Giai phuong trinh nhan dugc ¢ cau a dé tim tai trong cua xe loai L.
11A. MGt si€u thi thuc hi¢én chuong trinh khuyén mai.
Trong d6, loai banh Socola Kit Kat c¢6 gia 35000 dong

va dugc giam 10% so véi gia niém yét tinh tir hop thir

hai tré di. Me Mai mua mot sb hop banh loai nay va
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khi thanh toan thi hét 161 000 dong.

a) Goi x(xeN)la s6 hop banh Socola Kit Kat me Mai dd mua. Biéu thi s6 hop

banh duoc giam gia theo sb hop banh d3 mua.

b) Biéu thi s6 tién me Mai phai tra theo x.

¢) Viét phuong trinh biéu thi su kién tong s tién phai tra 1a 161000 dong. Tir d6

giai phuong trinh dé tinh s6 hop banh ma me Mai d3 mua.
11B. Mot ctra hang pizza c6 chuong trinh khuyén mai giam 20% cho banh pizza hai
san voi gia ban dau 1a 180 000 dong/chiée. Néu khach hang c6 thé VIP thi duoc giam
thém 5% trén gia ban dau cho mdi thé VIP. Mot nhém nhan vién vin phong dat mua
20 chiéc pizza hai san ¢ ctra hang trén va thanh toan hét 2 808 000 dong.

a) Goi x (chiéc) (x e N) la sb pizza dugc mua voi thé VIP. Biéu thi s6 pizza khong

duoc mua voi thé VIP.

b) Biéu thi so tién ma nhom nhan vién phai tra theo x.

¢) Viét phuong trinh biéu thi tong s tién phai tra 1a 2 808 000 dong. Tir d6 giai

phuong trinh dé tinh s6 pizza dugc mua véi the VIP.

BAI 2. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH

I. TOM TAT LY THUYET
Cac buéc giai bai toan bang cach lap phwong trinh
Buoc 1. Lap phuong trinh:

e Chon an sb va dit diéu kién thich hop cho an so;

e Biéu dién cac dai luong chua biét theo an va cac dai luong da biét;

e Lap phuong trinh biéu thi mdi quan hé gitta cac dai lugng.
Buoc 2. Giai phuong trinh
Buée 3. Tra 10i: Kiém tra xem trong cic nghiém cta phuong trinh, nghiém nao thoa
min diéu kién ctia an, nghiém nao khong, roi két luan.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Bai toan chuyén dong
Phurong phdp giai: Khi giai cac bai toan thudc dang nay, can cht ¥ mot s6 kién thuc
sau day:
- Cong thue: S=vt (S 13 quing duong; v 13 van tdc; t 13 thoi gian)
- Khi chuyén dong c6 luc can (cua gio, cua dong nudc, ...) thi can cha y khi tinh van
tde xudi va nguoc chiéu véi lyc can nhu sau:
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Viusi = Vthu“c + Vean

Viguoe = Vitee = Vean
1A. Mot 6 t6 di tir Ha Giang vé Ha Noi voi van toe 60 kmv/h rdi tir Ha Noi vé Ha
Giang v&i van toc 50 km/h . Thoi gian e di it hon thoi gian lac vé 1 gio. Tinh quéng
duong tir Ha Giang dén Ha Noi.
1B. Luc 6 gio, mot 6 to xuat phat tir A dén B véi van téc 40 kmv/h . Lai xe giao hang
tai B trong 30 phit rdi quay lai A véi van toc 30 km/h . Tinh quing dudng AB biét
rang 6 t6 vé dén A lac 10 gio ciing ngay.
2A. Mot tau chd hang khoi hanh tir Thanh phd H6 Chi Minh véi van téc 36 knv/h .
Sau d6 2 gio mot tau chd khach cling di tir d6 véi van tbe 48 km/h dudi theo tau
hang. Hoi tau chd khach di bao lau thi gap tau chd hang?
2B. Luc 7 gio sang, mdt nguoi di xe dap khoi hanh tot A véi van tbc 10 km/h . Sau
do, lac 8 gio 40 phat, mot nguoi khac di xe may tir A dudi theo vai van toe 30 km/h
. Hoi hai nguoi gap nhau lic may gio?
3A. Mot ca nd di xudi khiic song tir A dén B hét 1 gio 10 phut va di nguoc dong tir
B vé dén A hét 1 gid 30 phut. Biét van toc dong nudc 1a 2 km/gio. Tinh van tdc
riéng cua ca nd khi nudc yén lang.
3B. Mot ca nd xudi dong tir A dén bén B mat 5 gio va nguge tir B vé A mat 7 gid.
Tinh khoang cach giita hai bén A va B, biét van tdc ctia dong nude 1a 3km/ gio.
Dang 2. Bai toan tinh chu vi va dién tich hinh chir nhat
Phurong phdp giai: Khi giai cac bai toan thudc dang nay, can cht ¥ mot s6 kién thic
sau day:

- Chu vi hinh chit nhat: C=(a+b).2

- Dién tich hinh chir nhat: S=ab

Trong do, a,b 1a chiéu dai va chiéu rong cua hinh chir nhat.
4A. Mot khu vuon hinh chit nhat ¢6 chu vi 1a 56m. Néu ting chiéu dai thém 3m va
giam chiéu rong 1m thi dién tich khu vuon tang thém 5m?. Tinh dién tich cta khu
vuon.
4B. Mot khu dat hinh chir nhat c6 chiu dai gip ba 1an chiu rong. Néu ting mdi canh
thém 5m thi dién tich khu vuon ting thém 385m?. Tinh cac kich thudc cua khu dat.
Dang 3. Bai toan ning suat
Phirong phdp giai: Khi giai cac bai toan thudc dang nay, can cht ¥ mot s6 kién thuc
sau day:
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- Cong thirc: A=Nt (A 1a khéi lugng cong viée; N 1a ning suit lao dong; t 1a thoi

gian lao dong)

- C4c bai toan lién quan dén cong viéc 1am chung, 1am riéng, ta coi ca cong viée 1a 1
don vi va biéu dién khéi luong cong viéc ciia moi dbi tuong theo cung mot don vi
thoi gian (ngdy, gio...). Tir d6 thiét lap phuong trinh.

S5A. Mét doi thg mo lap ké hoach khai thac than, theo d6 mdi ngay phai khai thac 40
tan than. Nhung khi thuc hién, moi ngay do1 khai thac dugc 45 tAn than. Do d6 do6i
d3 hoan thanh ké hoach trudc 2 ngay va con vugt muc 10 tin than. Hoi theo ké hoach
d6i phai khai thac bao nhiéu tin than?

5B. Mot doi cong nhan nha médy quat phai rap mot sd quat trong 118 ngdy. Vi di vuot
dinh mirc mdi ngay 48 chiéc nén chi sau 110 ngay d6i cong nhan di rap xong s quat
duoc giao va con rap thém duoc 272 chiée quat nita. Hoi theo dinh mirc mdi ngay
do6i phai rap duoc bao nhiéu chiéc quat?

Dang 4. Bai toan ti s6 phan trim

Phwong phdp gidi: Khi giai cac bai toan thudc dang nay, can cha y mot sb kién thirc

sau day:
, . A . . m
+ Tinh m% cua s6 a cho trudc, ta tinh: a.ﬁ

+ Nong d6 mudi trong dung dich nudc mubi sinh 1i ndng d6 0,5% co6 nghia 1a trong
100 gam dung dich c6 chira 0,5 gam mudi. Nhu vy, trong x gam dung dich nay c6

x.0,5% gam mubi.

6A. Anh Trung di mua ti vi tai mot ctra hang dién may thi thay cira hang dang thuc
hién chwong trinh khuyén mai giam gid 25%. Do c6 thé khach hang than thiét cua
ctra hang nén anh dugc gidm thém 5% trén gid da gidm. Vi vay, anh Trung chi phai
tra 8,55 triéu dong cho chiéc ti vi d6. Hoi gia niém yét ciia chiée ti vi nay 1a bao
nhiéu?

6B. Mot nha hang thuc hién chuong trinh tri an khach hang nhu sau: Giam 15% trén
tong héa don, néu khach hang co sinh nhat trong thang thi giam thém 10% trén gia
da giam. Thang 12 13 sinh nhat ctia anh Hoang, anh d t6 chirc sinh nhét tai nha hang
trén va chi phai tra 1 224 000 déng. Hoi néu khong duoc huéng wu dai trén thi anh
Hoang phai tra bao nhiéu tién?

7A. Nhan dip Black Friday, mdt ctra hang da thuc hién chuong trinh giam gia 20%
tat ca san pham quén, 40, vay va giam gia 30% véi cac san pham 1a phu kién trong

cua hang. Chi Trang mua tai ctra hang nay mot chiéc vdy va mot tii xach véi tong
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gia niém yét 1a 800 nghin dong. Thuc té, khi thanh toan, chi chi phai tra 605 nghin

dong. Tinh gia niém yét cua hai san phdm chi Trang da mua.

7B. Trong tuan 18 khai trrong co s& mé&i, mot cira hang Pizza da thuc hién chuong
trinh khuyén mai nhu sau: Giam gid 30% véi combo Phat Tai va giam gia 50% véi
combo Phat Loc. Co6 Xudn mua ¢ ctra hang nay 2 combo Phat Tai va 1 combo Phat
Loc thi thdy trén hoa don ghi gid niém yét 1a 680 nghin déng va sd tién cd phai tra 1
412 nghin dong. Hoi gia niém yét ctia mdi loai combo 12 bao nhiéu?

8A. Bac Nam mang 600 tri¢u déng, chia lam hai khoan dé gui tiét kiém tai mot ngan
hang. Khoan thir nhat bac gui trong 6 thang véi 13i suat 7,2% mot nim, goc quay
vong (nghia 13 khong cong 13i vao gbc & chu ki tiép theo). Khoan thit hai bac trong 1
nam giri véi 131 sudt 7,7% mot nam, gbe quay vong. Sau mot nam, bac Nam thu duoc
44,2 triéu déng tién 1ai. Hoi bac Nam da gui tiét kiém mdi khoan bao nhiéu tién?
8B. Co Hong dau tu 400 triéu dong vao hai khoan: mua trai phiéu doanh nghiép véi
131 suat 8% mot nam va giri tiét kiém ngan hang véi 13i suat 7,5% mot nam. Cudi
nam, cd Hong nhan vé 431,4 triéu dong ca tién goc va 1i. Hoi co Hong da dau tu vao
mdi khoan bao nhiéu tién?

9A. Can tron bao nhiéu gam dung dich mudi an nong d6 5% vai bao nhiéu gam dung

dich mudi an néng do 20% dé duoc 400g dung dich mudi an néng do 8%?

9B. Can tron bao nhiéu gam dung dich acid ndong d6 50% vé&i bao nhiéu gam dung
dich acid nong do 20% dé duoc 300g dung dich acid nong d6 30%?

10A. Trong thang dau, hai t6 cong nhan san xuat dugc 350 chi tiét may. Sang thang
tht hai, to I san xuat vuot mic 20%, t6 11 vuot mitc 30%. Do d6 cubi thang ca hai
t6 san xuat dugc 435 chi tiét may. Hoi rang trong thang dau mdi t6 san xuat duoc bao
nhiéu chi tiét may?

10B. Hai t6 cong nhan trong mot cong xudng, san xuat duge 600 san pham trong
thang dau. Sang thang tha hai, t6 I 1am vugt mirc 30%, nhung t6 II chi dat 90%. Do
d6 cudi thang hai, ca hai t6 san xuat dugc 680 san pham. Hoi trong thang dau mdi to
san xuat dugc bao nhiéu san pham?

Dang 5. Mot so bai toan thue té khac

Phwong phdp giai: Khi giai cac bai toan thudc dang nay, can chi ¥ doc ki cac thong
tin dugc cung cap trong dé bai, tir 46 chon ra dit liéu phu hop véi yéu cau cua bai
toan.

11A. Anh Binh dang 1a sinh vién cua trudng Dai hoc Thiang Long va méi chuyén

sang dung s0 dién thoai cia nha mang X. Vi la sinh vién nén anh duoc ho trg 2 goi
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cudc uu dai nhu sau:

Tén goi cuwéc Gia géi cudc Uu dai

(ddng/thang)

- Mién phi goi noi mang

- Mién phi tin nhan noi mang

Nang dong 70 000
- Giam cudéc goi ngoai mang con 250
déng/phut
- Mién phi goi ndi mang
_ . - Mién phi tin nhan noi mang
Nhiét huyét 50 000

- Giam cudc goi ngoai mang con 650
dong/phut

a) Goi x la sé phut anh Binh goi trong mét thang. Em hay 1ap biéu thtrc biéu dién
s6 tién anh Binh phai tra trong mot thang khi str dung mdi géi cude ndi trén (tinh
theo don vi dong).

b) Sb phut goi ngoai mang anh Binh d# goi trong thang 13 bao nhiéu néu tién anh
trd cho ca hai géi cude 1a nhu nhau?

11B. Bang gia ban 1¢ dién sinh hoat (chua tinh thué VAT) duoc thé hién ¢ bang sau:

Bic Mot Gi::i ban dién

(dong/kWh)
1 | Cho kWh tir 0—50 1678
2 | Cho kWh tir 51-100 1734
3 | Cho kWh tir 101200 2014
4 | Cho kWh tir 201-300 2 536
5 | Cho kWh tir 301400 2834
6 | Cho kWh tur 401 tré [én 2927

a) Tinh s6 tién can tra (chua tinh thué VAT) khi tiéu thy 20kWh dién.

b) Hoa don tién dién thang 3/2023 cua gia dinh ba Nguyén Thi Ngoc Lam la
243045 dong. Hoi thang 3/2023, gia dinh ba Nguyén Thi Ngoc Lam da sir dung
hét bao nhiéu kWh dién? Biét rang, hoa don tién dién da tinh thém 10% thué suat

gia tri gia tang.
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BAI 3. KHAI NIEM HAM SO VA PO THI CUA HAM SO

I. TOM TAT LY THUYET

1. Khai niém ham sé
+ Néu dai lugng y phu thudc vao dai lugng thay ddi x sao cho v&i mdi gia tri cua
x ta ludn xac dinh duoc chi mot gia tri twong Gng cua y thi y dugc goi 1a ham sb
cua x va x dugc goi la bién sd.

+Khi y 1a ham sb cua x, ta thuong viét: y= f (x);y=g(x);... Ching han ham s
y =2x+1 con dugc viét1a y = f (x)=2x+1. Khi d6, thay cho cach néi "khi x bing
1 thi gié tri twong Gmg cta y 143 ", ta viét ngan gon 1a f (1)=3.

+ Ham sd ¢ thé cho béi bang, bang cong thirc, bang biéu do, ...

2. Mt phang toa do

+ Hé truc toa d6 Oxy gdm hai tryc s Ox,0y vudng goc véi nhau va cit nhau tai goc
O cua mdi truc s6. Ox thuong vé nam ngang, goi 13 truc hoanh. Oy thudng vé thang
ding, goi la truc tung.

+ Mit phang c6 hé truc toa dd Oxy duoc goi 1a mit phang toa do.

+ Trong mit phang toa d6, mdi diém M xéac dinh duy nhat mot cip sb (X Y,) va
mdi cip s6 (X,;Y,) xac dinh duy nhat mot diém M .

+Cap s6 (%, Y,) goi la toa dd cua diém M va ki higu M (x,;Y, )

, X, 12 hoanh do; y, 1a tung d6 cua diém M.

+ Céc diém c6 hoanh d6 bang 0 nam trén truc tung; diém cé tung
d6 bang 0 nam trén truc hoanh. R
v

+ H¢ truc toa do Oxy chia mat phéng toa do thanh 4 goc phén tu m
(goc phan tu L, I1, I, IV) nhu hinh vé&.

3. Do thi ciia ham s6

D6 thi ctia ham s6 y = f (x) 1a tip hop tat ca cac diém biéu dién cic cdp gia trj tuong
Gng (x;y) trén mit phing toa do.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh gia tri ciia ham s6 (bién s6) khi biét gia tri twong ing ciia bién so
(ham sd)

Phwong phdp gidi: Dé tinh gia tri ciia ham s6 (bién s6) khi biét gia tri twong tng cua
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bién sb (ham sd) ta thay gia tri da biét cua dai luong ndy vao cong thirc ham sb. Tur

do tim gié tri tuong trng cua dai lugng kia.
1A. Cho hamsé y=f (x)=5x. Lap bang cac gia tri tvong Gmg ctia y khi x nhan
cac gia trj 1an luot 13 —3;-1;0;1;3.
1B. Cho ham s y = f (x)=-2x. Lap bang céc gia trj twong tmg clia y khi x nhan
cac gia tri 1an luot 14 —4;-2;0;2;4
2A. Cho ham s y = f (x)=3x—4.

a) Tinh f (0); f (-1);

b) Hoan thanh bang sau:

X -1 3 -2
y=f(x) -1 | 4
2B. Cho hamsb y = f (X):g'
a) Tinh f (-3); f(8);
b) Hoan thanh bang sau:
X 2 -1 3
y=f(x) -1,5 0,5

3A. Cho hai ham s6 y=f (x)=-x—-6 va y=g(x)=2x+3

a) Tinh f(4);9(-2);9 (%j ;
b) Tim x biét g(x)=-15;
c) Véi gia tri ndo cta x thi gid tri hai ham s f (x) va g(x) bang nhau?

3B. Cho hai ham s6 y=f (x)=3x-1va y=g(x)=-2x+4

a) Tinh f (1); f (%j;g(ﬂ;

b) Tim x biét f(x)=-13;
c) Véi gia tri ndo cta x thi gid tri hai ham s f (x) va g(x) bang nhau?

Dang 2. Xac dinh ham s6 cho béi bang, cong thirc
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Phwong phdp gidi: Dua vao dinh nghia ham s

4A. C4c gié tri tuong Uing cua hai dai lugng x va y dugc cho boi cac bang sau. Pai

luong y c6 phai 1a mot ham sé cua dai lugng x khong? Vi sao?

a)
X 9 | 32| 9 | -2
y 4 | 53| -1 4
b)
X 3 | 2|13 |0
y 1 4 | 3| -5 | -2

4B. Cac gia tri twong ung cua hai dai lugng x va y dugc cho boi cac bang sau. Dai

lugng y co phai la mot ham sé cua dai luong x khong? Vi sao?

a)
X 4 | 2|5 |28
y 2 | 1] 1] 3| 2
b)
X 4 | 6| 5 | 2|5
y 4 | 7| 1|1 4

5A. Mot 6 o di duoc quang duong s(km) véi van tée v(km/h) trong khoang thoi
gian 5 gio.

a) Viét cong thirc tinh quang duong s 6 t6 di dugc trong 5 gio theo van tdc v .

b) s ¢6 1a ham s6 ciia v khong?

¢) Tinh quang duong 6 t6 di dugc khi xe di voi van toe 48 kmv/h.
5B. Gi4 cudc goi ngoai mang ctia nha mang Viettel 1a 1190 dong mdi phut. Goi A 1a
s tién can tra sau khi st dung t (phut) goi ngoai mang bang sim Viettel.

a) Viét cong thirc tinh A theo thoi gian t cta cudc goi.

b) A c6 12 ham s6 cia t khong?

c¢) Tinh cudc cudc goi 15 phut.
6A. Cho bicu d6 doan thang mé ta nhiét do trung binh cia mét dia phuong trong nam
2022
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a) Thang nao c6 nhiét do trung binh cao nhat va nhiét do trung binh d6 1a bao
nhiéu?

b) Goi y 1a nhiét d6 trung binh trong thang x(x e N;1<x<12). Hoi y c6 phai la

ham s6 ctua x hay khong?

c¢) Tinh gia tri cua y khi x=10.
6B. Biéu d6 doan thang biéu dién s tran dau ctia ciu thu Quang Hai trong Giai bong
da Vo6 dich Qudc gia Viét Nam.

a) Mua giai nao Quang Hai thi ddu nhiéu trdn nhat va s6 tran 1a bao nhiéu?

b) Goi y 1a s6 tran thi diu trong nim X(xeN;2016 < x <2022). Hoi y c6 la ham
sd cia x khong?

¢) Tinh gi4 trj ciia y khi x=2020. Y nghia ctia gia tri tim dugc la gi?
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Dang 3. X4c dinh toa dd ciia mét diém va biéu dién mét diém trén mit phing

toa do
Phwong phap giai:
+Pé xac dinh toa dd mot diém trén mat phéng toa do, ta 1an luot ké cac duong vuong
goc tir diém d6 xudng truc hoanh (dé xac dinh hoanh d6) va xudng truc tung (dé xac
dinh tung d9).
+ Khi viét toa d6 mot diém, can viét hoanh do trude, tung do sau.
+ D¢ bicu dién mot diém trén mit phing toa do, khi biét toa do (x,;Y,) cua diém do
ta lam nhu sau:

- Ttr diém X, trén tryc hoanh ké duong thang vudng goc véi truc hoanh;

- Tr diém y, trén truc tung ké duong thang vudng goc vai truc tung;

- Giao diém cuia hai duong thang vira vé& chinh 13 diém can biéu dién.
7A. a) Xac dinh toa do cua cac diém A,B,C,D
trong hinh vé. 1: o’

b) Xédc dinh cdc diém E(2-1) va F(-3-2) I,

trong hinh vé. # 3 2 4 Jor 1 3 3

7B. a) Xac dinh toa d¢ cua cac diém M, N, P, Q trong ‘

hinh vé. My,
b) Xac dinh c4c diém H (2;0) va K(0;-2) trong N 1’
L] T!

hinh ve. e pte A

8A. a) Biéu dién cac diém sau 1én mit phang toa d6 Oxy rdi cho biét chung thudc
goc phan tu thor may?
A(-3;4);B(2;1);C(-2;-2); D(4;-1)
b) Néu nhan xét vé dau hoanh d6 va tung d6 cta cac diém trong mdi goc phan tu.
8B. a) Biéu dién cac diém sau 1én mit phéng toa do Oxy roi cho biét diém nao nam

trén truc hoanh, diém nao nam trén truc tung?
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E(4;0);F(-1-1);G(0;-2);H (0;3);K(-10)

b) Néu nhan xét vé hoanh d6 va tung do cua cac diém nam trén truc hoanh va céc
diém nam trén truc tung?
Dang 4. V& d6 thj ham s va x4c dinh thong tin dwa vao dé thi ham s6
Phuwong phdp gidi: Dé v& d6 thi cia mot ham sd, ta biéu dién cac diém thudc do thi
ham sd 1én mit phéng toa d6 roi két luan.

9A. V& dd thi ham s§ y = f (x) cho béi bang sau:

X -4 -1 1 2
y=f(x) -2 1 3 4

9B. Him s6 y = f (x) cho béi bang sau:

X -3 0 1 3
y=f(x) 2 1 -2 4

V& d thj ciia ham sb y = f (x).

BAI 4. HAM SO BAC NHAT VA PO THI CUA HAM SO BAC NHAT
I. TOM TAT LY THUYET
1. Khai niém ham s6 bac nhat
Ham s6 bac nhat 12 ham sb cho béi cong thitrc y=ax+b, trong d6 a,b 1a cac sé cho
trudc va a=0.
2. D6 thi clia ham s6 bic nhiat

+ D0 thi clia ham s6 y =ax+b(a=0) la mot dudng thing
+ D6 thi clia ham s6 y =ax+b(a=0) con duge goi 1a duong thing y=ax+b.

3. Cach vé @d thi ham so bac nhat

Chii y: Tly vao gia tri ctia hé s6 a;b ta c6 thé chon gia tri cia x;y sao cho dé tinh
toan. Muc tiéu cudi ciing 1a xac dinh dugc hai diém phéan biét thuoc do thi ham sb,
v& duong thang di qua hai diém d6 ta duge do thi ham sé y=ax+b.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Nhan dang ham s6 bic nhit

Phwong phdp gidi: Dua vao dinh nghia ham s6 bic nhat.

1A. Trong cac ham s0 sau, nhitng ham s6 nao 1a ham s6 bac nhat? Hay xac dinh hé

*VAOTHI.C OM GIAO VIEN: TRUONG VAN DUNG
=

HOC VA THI ONLINE



QVAOTHI.COM
B Hoc Vi THI ONLINE ON TAP HE— TOANS

sO a,b cia chung.

a) y=2X+3; b) y=2-0,5%; c) y=0x+4;
d) y=—3x; ¢) y=4x* +1; hy=>.

1B. Trong c4dc ham s6 sau, nhitng ham s6 nao 1a ham s6 bac nhat? Hay xac dinh hé

sO a,b cua chung.

a) y=x+4; b) y=2-1,5x; C) y:%x;

d) y=~2; e) y=2(x+1)-3;  f) y=1-2x*
2A. V6i gid tri ndo cia m thi ham so sau 12 ham s6 bac nhat?

a) y=mx+4; b) y=(m-2)x-1;

C) y=m+2x+3m; d) y=m*’x+m+1.

2B. Vi gia tri ndo cia m thi ham s6 sau 14 ham s6 bac nhat?

a) y=mx—-2m+4; b) y=(6-3m)x+2;

c) y=m—_1x—m; d) y=(m?*+2m+1)x—m-2.

m+1

Dang 2. Tinh gi4 tri ctia ham sb
Phwong phdp giai: Dé tim gia tri cia ham s6 tai mot gia tri di cho cua bién, ta thay
gia tri d6 cua bién sd vao cong thirc ham sb va tinh gia tri biéu thirc sb nhan dugc.
Nguoc lai, muén tim gia tri clia bién sb khi d3 biét gia tri tuong ung ctia ham sb, ta
thay gia tri cia ham s6 vao cong thirc ham s6 di cho roi giai phuong trinh nhan dugc
3A. Cho ham s6 y=2x+3.

a) Hoan thanh bang gia tri sau:

X -2 -1 0 1 2

y=2X+3

b) Tim gi4 tri cia X sao cho y=11.

3B. Cho ham s6 y=-3x+5.

a) Hoan thanh bang gia tri sau: X 2 1110 1 2

b) Tim gia tri cua X sao cho | y-_3x4+5
y=-19.
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4A. Cho ham sé y=ax+1.

a) Tim hé s a, biét rang khi x=0,5 thi y=2.

b) V&i gia tri a vua tim dugce, hay hoan thanh bang sau:

X -4 -2 0 2 4

y

4B. Cho ham s6 y=ax—4.
a) Tim hé sb a, biét rang khi x =3 thi y=2.

b) Véi gia tri a vira tim duogc, hay hoan thanh bang sau:

X -2 -110 1 2

y

Dang 3. V& d6 thi ham s6 bac nhiat
Phirong phdp gidi: Xem phan tom tat kién thuc.
5A. V& db thi ctia cic ham sb sau:
a) y=X+3; b) y=2x-5; c) y=-15X.
5B. V& db thi ctia cac ham s sau:

a) y=X-2; b) y=-2x+4; C) y=§x.

6A. Trong cac diém sau, diém nao thudc do thi ham sb y=3x—-6?
A(0;-6);B(-1-3);C(-2;0);D(3;-3)
6B. Trong cac diém sau, diém nao thudc do thi ham sb y=-2X+87?
M (2;4);N(4;0);P(-2;4);Q(8;0).

7A. Cho ham s6 y=(m-1)x+2.
a) Tim gid tri cla m biét d6 thi ham s6 trén di qua diem M (-13).
b) V& do thi ham sb véi gia tri m vira tim duoc.

7B. Cho ham s6 y =(m+3)x-1.

a) Tim gid tri cia m biét dd thi ham s trén cat truc hoanh tai diém c6 hoanh do
bang -1.
b) V& d6 thi ham sb vé6i gi tri m vira tim duoc.

8A. a) Chimg minh rang dudng thang y =mx+5 luon di qua diém M (0;5) v&i moi
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giatricia m.

b) Chirmg minh duong thing y =mx—m+4 luén di qua diém N (L4) voimoi gia
tricua m.

¢) Chiing minh dudng thdng y =(m-1)x+2m+2 ludn di qua diém P(-2;4) véi
moi gia tri cia m.
8B. a) Chirng minh duong thang y =(m+2)x+4 luon di qua diém A(0;4) v6i moi
giatricia m.

b) Chimg minh duong thang y =(m-1)x+m-5 luén di qua diém B(-1-4) véi
moi gia tri cia m.

¢) Ching minh dudng thing y=(2m-1)x—-4m+2023 luon di qua diém

C(2;2021) voi moi gia tri cua m.
Dang 4. Céc bai toan thue té lién quan dén ham s bac nhat
Phwong phdp giai: Khi giai cac bai toan thudc dang nay, can chu y doc ki thong tin
dé xac dinh dng gia tri nao Gmg véi bién s6, gia tri ndo tng véi ham sd.
9A. PBé doi tir nhiét 6 F (Fahrenheit) sang 46 C (Celsius), ta dung ¢ c
cong thirc sau: C = g(F -32).

a) C co6 la mot ham sd bac nhit cia F hay khong? Néu co, hiy
xac dinh hé s6 a,b cta ham sb nay.

b) Hiy d6i 50°F sang nhiét do C .

¢) Tinh nhiét @6 F khi biét nhiét d6 C 1a 100°C.

9B. Gia tri ctia mot chiéc laptop sau thoi gian sir dung t (nim) duoc
cho boi cong thire G (t)=19200000 1600000t (dong).

a) G c6 1a mot ham s6 bac nhat cua t hay khong? Néu co, hay xac dinh hé s6 a,b
ctia ham sd nay.

b) Sau 3 nim, gié tri cua chiéc laptop 13 bao nhiéu?

¢) Sau bao nhiéu nim thi gia tri cua chiéc laptop con lai 13 8000000 dong?
10A. Ban Drc rat thich di xe dap thé thao va dang c6 y dinh mua mét chiéc xe c6 gia
2 000 000 dong. Ptrc ngd y nhd bd me giup d& thi duge bd me tu van nhu sau: “Mdi
ngay bd me s& cho Puc 10 000 déng dé bo vao lon tiét kiém. Néu cudi hoc ki I Ptic

dugc hoc sinh Xuét sic thi bd me s& thuong thém 300 000 déng ntra".
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a) Hay 1ap cong thirc biéu dién sb tién y (ddng) ma Duc tiét kiém duoc sau x

(ngay). Khi d6, y c¢6 1a mot ham s cua x khong?
b) Sau 15 ngay, Duc tiét kiém dugc bao nhiéu tién?
¢) Néu cudi hoc ki I, Ptc khong duge hoc sinh Xuét sic thi Ptc can bao nhiéu
ngay dé c6 du tién mua xe dap?
d) Biét rang, ngay bat dau tiét kiém 13 ngay 05/9/2022, ngay két thiic hoc ki I 1a
ngay 14/01/2023 va Pirc dat hoc sinh Xuat sic hoc ki I. Hoi dén ngay nao thi Dtrc
c6 du tién dé mua xe dap?

10B. Bang gi4 ban 1¢ xing dau trong ki diéu chinh ngay 21/02/2023 duoc Tap doan

Xang dau Viét Nam (Petrolimex) cong b6 nhu bang sau:

Don vi tinh

Mait hang (Pd bao gom | Ving1 | Ving 2
thué GTGT)

Xang RON 95-V Pong/lit 24.350 | 24.830

Xang RON 95-1I11 Pong/lit 23.440 | 23.900

Xang sinh hoc ES RON 92-I1 Pong/lit 22.540 | 22.990

a) Lap cong thirc biéu dién sb tién y (d6ng) can tra khi mua x (lit) xing RON 95-
V tai ving 1. Khi d6, y ¢6 12 ham sb ciia x hay khong?
b) Tinh s6 tién can tra khi mua 12 lit xing RON 95-V tai ving 1.
c¢) Xe may cua anh Duong la dong xe Honda Air Blade 125 cc ¢6 dung tich binh
xang 4,4 it va muc tiéu thu nhién liéu 1,99 1it/100km. Néu d6 day binh xing nay
bang xang sinh hoc E5 RON 92-II tai ving 1 thi anh Duong phai tra bao nhiéu
tién?
d) Em c6 nhdn xét gi vé gia xing cung loai & vang 1 va ving 2 (1a ving gdm cac
dia ban xa cang, xa kho ddu mdi, xa co s& san xuit xing dau)? Hiy dua ra giai
thich ctia em vé su khac biét nay?
11A. Mot cong ty thoi trang san xuit mot 16 gdbm 2000 chiée 4o v6i gia von 1a 300
000 000 dong va dy kién ban ra véi gia 300 000 dong cho mdi chiée 40. Goi y (d6ng)
1a s6 tién 14i (hodc 15) ctia nha may khi ban dugce x chiée 4o loai trén.

a) Hay lap cong thuc biéu dién y theo x. Khi d6, y c6 1a mot ham s6 cia x
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khong?

b) Hoi can phai ban bao nhiéu chiéc 40 méi c6 thé thu hdi duoc von bo ra ban
dau?

¢) Sau dot ban tha nhat, chi riéng ban loai 4o trén, cong ty da co6 1ai 150 000 000

ddng. Tinh sb 4o di ban dugc trong dot ban nay.
11B. Trong mot xudng san xuat do gia dung c6 tong cong 900 thung hang va mbi
ngay nhan vién s& 1ay 30 thing hang dé di phan phdi cho cac dai Ii.

a) Goi y 1a s6 thung hang con lai trong kho sau x ngay. Hiy 1ap ham sé y theo

b) Sau bao nhiéu ngay thi xuong s& van chuyén hét duoc 900 thiung hang?
¢) Biét rang mot thung hang c6 gia tri 1a 2 000 000 ddng va mdi xe van chuyén 30
thung hang trong mdi ngay s& ton 2 500 000 dong. Hoi sau khi ban hét tat ca thing

hang thi xudng s& 101 bao nhiéu tién?

BAI 5. HE SO GOC CUA PUONG THANG
I. TOM TAT LY THUYET
1. Hé s géc ciia dwong thang
+ Trong mit phing Oxy, goc @ tao bdi dudng thang y=ax+b(a=0) vatruc Ox 1a
gdc tao boi tia Ax va tia AT, trong d6 A 1a giao diém cua duong thang y=ax+b
véitruc Ox, T 1a mot diém nao d6 thudc dudng thang y = ax+b va cé tung d6 duong
(0" <a<1807).
+ a duogc goi 1a hé s6 goc clia duong thang y=ax+b(a=0).
+ Khi a>0,a 1a goc nhon. Khi a<0,« 1a gbc tu.
2. Puong thing song song va dwong thing cit nhau
Hai duong thang y=ax+b(a=0) va y=ax+b'(a'#0) :
- Song song v6i nhau khi @=a" ya b=b",
- Trung nhau khi a=a’;b=0".
- Catnhau khi a=a’.
II. BAI TAP VA CAC DANG TOAN
Dang 1. X4c dinh hé sb goc ciia dwdng thing

Phuong phap gidi: Hé s goc cia duong thing y=ax+b(a=0) 1a a.
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1A. Xac dinh hé sé goc cua mdi dudng thing sau:

a) y=4x+1; b) y=3-1,5x;
3 —2X+3
c) y=—(x+4); d) y= .
) y=7(x+4) ) y=—7
1B. Xac dinh hé s6 goc cuia mdi dudng thang sau:
a) Yy=-5x+7; b) y=1-x;
c) y=0,3(x—-10); d) y:6X3+1.

2A. Tim hé s6 goc cua dudng thang y = (m—2)x +4(m = 2) biét dudng thang nay di

qua diém A(2;6)
2B. Tim hé sb goc clia duong thang y=(2m-1)x + S(m # %j biét dudng thang nay

di qua diém B(-1-3).
Dang 2. Nhan biét dwong thing song song, dwong thing cit nhau
Phuwong phép giai: Hai duong thing y=ax+b(a=0) va y=ax+b'(a’=0) song
song voi nhau khi a=a’ va b=b'; cat nhau khi a=a'.
3A. Chi ra cac cip duong thang song song vdi nhau va cac cap dudng thang cat nhau
trong cac dudng thing sau:

a) y=3x—-2; b) y=2+3x;

c) y=-3Xx-2; d) y=2-3x.
3B. Chi ra cac cip duong thang song song véi nhau va cac cip dudng thang cat nhau
trong cac dudng thang sau:

a) Yy=5X+3; b) y=3-5X;

c) y=-5x-3; d) y=5x.
Dang 3. Tim ham s6 bac nhét théa méin yéu ciu cho truéc
Phirong phdp gidi: Khi 1am céc bai tdp ¢ dang nay, cn chii y mot sd kién thirc sau:
+ Ham s6 bac nhit c6 dang y=ax+b(a=0).
+ H¢ s6 goc cia dudng thang y=ax+b(a=0) la a.
+ Hai dudng thing y=ax+b(a=0) va y=a'x+b'(a’#0) song song v6i nhau khi

a=a’;b=b'; cit nhaukhi a=a’.
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4A. a) Tim ham s6 bac nhit c6 d6 thi 1a duong thing c6 hé sb goc a=-3 va di qua
diém M (2;-3).

b) Tim ham s6 bic nhét c6 d6 thi 13 dudong thang co hé sb goc a=2 va cit truc
tung tai diém c6 tung do bang -5.
4B. a) Tim ham sb bac nhat c6 do thi 1a dudng thang c6 hé sd goc a=1,5 va di qua
diém M (4;-1).
b) Tim ham sb bac nhat c6 db thi 13 dudng thang c6 hé s6 goc a=—3 va cit truc
hoanh tai diém c6 hoanh d¢ bang 2.
5A. a) Tim ham s6 bac nhat c6 d thi 1a dudng thang song song v&i duong thang
y=2x+1 vadi qua diém A(-3;2).
b) Tim ham sb bac nhét c6 d6 thi 13 duong thang cét tryc tung tai diém c6 tung do
bang 2 va song song voi dudng thang y=4-3x.
5B. a) Tim ham s bac nhit c6 d6 thi 1a duong thing song song voi duong thang
y=-X+5 va di qua diém A(4;-7).
b) Tim ham sb bac nhét c6 do thi 1a duong thing cat truc hoanh tai diém c6 hoanh
d6 bang -2 va song song voi dudng thang y=4x+1.
Dang 4. Tim gia tri ciia tham sé dé hai dwong thing song song hoic cit nhau
Phuwong phdp giai: Hai duong thing y=ax+b(a=0) va y=ax+b'(a'=0) song
song vi nhau khi a=a’ va b=b'; cat nhau khi a=a’.
6A. a) Tim c4c gia tri cia m dé duong thang y=(m+1)x—2(m=-1) cit duong
thang y=3x+1.
b) Tim céc gia tri cia m d¢ dudng thing y =(m—2)x+4(m=#2) song song voi

duong thang y=—4x—1.
6B. a) Tim cac gi4 trj cia m dé duong thang y=(2m —1)x+3(m = %) cit duong
thang y=x-1.
N 2 2, 2 3 ..
b) Tim céc gia tri cia m d€ duong thang y =(3-2m)x— S(m # E) song song v&i

duong thang y =-3x+2.
7A. Cho hai duong thing y=x+m+1 vd y=m’x+3-m(m=0). Tim cic gi4 trj
ciia m dé hai duong thing trén:
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a) Cit nhau;

b) Song song voi nhau.
7B. Cho hai dudng thang y=m?x+2m+1(m=0) va y=4x+m+3. Tim cac gia tri
ciia m dé hai duong thang trén:

a) Cit nhau;

b) Song song voi nhau.
8A. Cho ham s6 bac nhat y=(3m—-4)x+1- Zm[m # %) Tim céc gid tri cia m dé

dd thi ham sb da cho la:
a) duong thang di qua diém M (1,-3).

b) dudng thang cit dudng thang y =x+2 tai mot diém nam trén truc tung.
8B. Cho ham sb bac nhit y = (3— 2m) X—m+ 4(m * gj Tim céc gid tri cia m dé 46

thi ham s6 da cho la:

a) duong thang di qua diém A(-2;7).

b) dudng thang cit dudng thing y=—x+3 tai mot diém c6 hoanh do bang 2.
9A. Trong mit phang toa dd Oxy, cho hai dudng thang y=x+3 va y=-x—1.

a) V& hai duong thang da cho trén cung mit phang toa do.

b) Tim giao diém M cua hai duong thang da cho.

¢) Goi N 1a giao diém cua duong thang y=—x—1 véi truc Oy;P la giao diém

ctia dudng thang y =x+2 véi truc Oy . Chirng minh tam gidc MNP vudng tai M
9B. Trong mit phang toa dd OXy, cho hai dudng thang y=—x va y=x+2.

a) V& hai duong thang da cho trén cung mit phang toa do.

b) Tim giao diém M cia hai dudng thang di cho.

¢) Goi N 1a giao diém cua duong thang y=x+2 véi truc Oy .

Chting minh tam gidc MNO vudng tai M .

ON TAP CHUONG VII
I. TOM TAT LY THUYET
Xem phan Tém tdt Iy thuyét tir Bai 1 dén Bai 5 ctia chuong.
II. BAI TAP VA CAC DANG TOAN
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1A. Giai cac phuong trinh sau

a) 2x—(3-5x)=4(x+3); b) 4(3x—2)—3(x—4)="7x+20;

c) (x+1)(x+9)=(x+3)(x+5); d) (x+2)* +2(x—4)=(x—-4)(x-2).
1B. Giai cac phuong trinh sau

a) 5—(6-x)=4(3-2x); b) 5(x—-3)-4=2(x-1)+7;

¢) (3x—1)(x+3)=(2-x)(5-3x); d) (x+1)(2x-=3)-3(x-2)=2(x-1)°

2A. Gidi cac phuong trinh sau

)22 225,
3 6 12 4

b) X+5 3—2x: _7+x’
2 4 6
X+1 X+3 Xx+5 x+7

C) + = +

3 33 31 29
2B. Giai cac phuong trinh sau

x-1 x+1 2x-13 _

a) 0;
2 15 6
3x-0,4 15-2x x+0,5
b) + = ;
2 3 5
X+1 Xx+3 X+5 x+7
c) + = + .

65 63 61 59
3A. Hai 6 t6 cung xuét phat tir Ha Noi di Hai Phong luc 7 gid sang, trén ciing mot
tuyén duong. Xe di thir nhat dén Hai Phong ltc 9 gid 40 phat, trude xe con lai 20
phut. Tinh vén toc trung binh ctia mdi 6 to, biét mdi gid xe thir nhat di nhanh hon xe
thtr hai 5 km.
3B. Luc 8 gio sang, ong An di xe may tir dia diém A dén dia diém B theo 16 trinh
dai 134 km. Cung luc d6, ong Béc di xe may tir B dén A ciing theo 16 trinh nhu 6ng
An, hai ngudi gap nhau lic 10 gio sang cung ngay. Tinh van toc ctia mdi ngudi biét
rang van tc xe ong An hon van toc xe 6ng Bac 5 km/h.
4A. Ban Hoang di nha sach va chon mua dugc hai cudn sach co gia bia chénh nhau
15 000 dong. Khi thanh toan, do duoc giam gid 20% mdi cudn nén Hoang chi phai
tra 84 000 ddng cho c6 thu ngan. Hoi gia bia ctia mdi cudn sach 1a bao nhiéu?
4B. Cudi tuan vira r0i, gia dinh ban Trang gdm bdn nguoi di dn buffet lau tai mot nha

hang. Nha hang nay dang thuc hién chwong trinh giam gia "Di bdn tinh tién ba",
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nghia 13 néu c¢6 4 ngudi khach cung dit mot ban an thi chi tinh tién 3 khach. Ngoai

ra, me Trang con co thé thanh vién nén dwoc giam gia thém 5% trén tong hoa don.
Do d6, s6 tién thanh toan cho bita an cua gia dinh Trang 1a 826 500 ddng. Hoi gia
tién an buffet cho mot ngudi 1a bao nhiéu?

5A. Trong qui [, hai t6 cong nhan san xuit dugc 1550 san pham. Sang qui IL, tb Mot
san xuit vuot mic 15%, té Hai vugt micc 20% . Do d6 cudi thang ca hai t0 san xuat
duoc 1815 san pham. Tinh sé san phadm mdi t6 san xuat duoc trong qui L.

5B. Tai mot xudng lam banh, trong tuan thir nhat, hai té san xuét dugc 900 thung
banh. Sang tuan thi hai, to | 1am vuot mic 25%, nhung td 11 chi dat 95% nén ca
hai to san xuat 975 thung banh. Hoi trong tuan thir nhat mdi to san xuat dugc bao

nhiéu thung banh?
6A. Gia ban ciia am dun nudc duoc cho boi cong thirc sau: T :%R +150 (nghin

dong), trong d6, T 1a gia ban, R 1a ban kinh ciia day 4m, tinh theo don vi cm.
a) Tinh gia tién ctia mot chiéc 4m dun nude c6 ban kinh day am 1a 28cm.

b) C6 Trinh dy dinh mua 2 cai 4m dun nudc c6 ban kinh day 4m lan luot 1a 24cm
va 32cm. Hoi néu mang theo 400000 dong thi ¢ Trinh c6 du tién dé tra khong?
6B. Cudc phi sir dung dich vu Internet ma ngudi st dung can tra dugc cho boi cong
thitc C(x)=70x+300 (nghin dong), trong d6 x 14 s6 thang s dung trong gbi

Internet ma nguoi st dung dang ki.
a) Tinh s6 tién nguoi st dung phai tra néu dang ki goi Internet 6 thang.
b) Néu nguoi str dung phai thanh toan sd tién cudc phi sit dung Internet 1a 930
nghin dong thi thoi han st dung géi cude Internet d6 13 bao 1au?

7A. Cho ham s6 y =(m—1)x+2(m =1)
a) Tim m dé dd thi ham sd song song véi duong thiang y=x+4.
b) V& d6 thi ham sb vé6i gi trj m tim duoc & cau a.
c¢) Tim giao diém A cua do thi ham s tim dugc & cau a va dd thi cia ham sd
y =—X—4. Tinh dién tich cta tam gidc OAB, v6i B 1a giao diém cta dd thi ham
s6 y=—x—4 véi truc OX.

7B. Cho ham s6 y =(m+1)x+1(m = -1)
a) Tim m dé dd thi ham sd song song véi duong thiang y =—x+ 2

b) V& do thi ham so6 voi gia tri m tim duoc & cau a.
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c) Tim giao diém A cua d6 thi ham so tim dugc & cau a va do6 thi cia ham so

y =3+ x. Tinh dién tich ctia tam giac OAB, v6i B 14 giao diém ctia d6 thi ham s6
y =3+ X voi truc Oy.
8A. Chi Minh 14 c6ng nhin may ctia mot xi nghiép. Ngudi ta nhan thiy sé 40 x
(chiéc) chi Minh may dugc trong mot thang va sb tién y (dong) tién lwong chi nhan
duoc lién hé voi nhau bi ham sé y=ax+b ¢6 d6 thi ham s6 nhu hinh bén dudi.

y(dong)

13.200.000 |- - /

8.000.000+

x(cél ao)

o 1.300

a) Dya vao d6 thi hay xac dinh hé s6 a,b vahamsé y.

b) Néu mubn nhan lvong 14 000 000 ddong maot thang thi chi Minh phai may duoc

bao nhiéu chiéc 4o trong thang d6?
8B. Mot xi nghiép can ban thanh 1y b san pham. S6 san pham con lai sau x (ngay)
ban 13 y (san pham) va duoc xac dinh boi ham s6 y=ax+b c¢6 dd thi ham sb nhu
hinh dudi.

a) Dua vao do thi hiy xac dinh hé s6 a,b vahamsé y.

b) Xi nghiép can bao nhiéu ngay dé ban hét s6 san pham can thanh 1y?

y {(san phim)

1410 %,

™

~

NN » \

-
-

x (mgay)
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